
SCUOLA DI DOTTORATO 
UNIVERSITÀ DEGLI STUDI DI MILANO-BICOCCA 

 
 
 

Department of Materials Science 

              

 

 PhD program in Materials Science and Nanotechnology      Cycle: 35   

 

 

 

 

 

 

 

 

Atomistic simulations of Ge-rich 
  

GeSbTe alloys for phase change memories 
 

 

 

 

 

 

 

Surname: Abou El Kheir         Name: Omar  

Registration number: 786168              
 

 

 

 

 

Tutor: Prof. Marco Bernasconi  

Coordinator: Prof. Marco Bernasconi              
 

 

 

2021/2022 



Università degli studi di Milano-Bicocca

Department of Materials Science
PhD program in Materials Science and Nanotechnology

Atomistic simulations of Ge-rich

GeSbTe alloys for phase change

memories

Supervisor: Candidate:

Prof. Marco Bernasconi Omar Abou El Kheir

Academic Year

2021-2022



Contents

Introduction 3

1 Phase change materials and memories 7

1.1 Overview . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 7
1.2 Structural properties of GeTe-Sb2Te3 pseudo binary phase change

alloys . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 13
1.2.1 Crystallization process . . . . . . . . . . . . . . . . . . . 21

1.3 Ge-rich GeSbTe alloys for embedded memories . . . . . . . . . . 23

2 Methods 32

2.1 Density functional theory . . . . . . . . . . . . . . . . . . . . . . 32
2.1.1 Plane waves basis set . . . . . . . . . . . . . . . . . . . . 35
2.1.2 Pseudopotentials . . . . . . . . . . . . . . . . . . . . . . 36
2.1.3 The hybrid Gaussian and plane waves method . . . . . . 37
2.1.4 Brillouin zone integration . . . . . . . . . . . . . . . . . 38

2.2 Lattice dynamics from finite displacements . . . . . . . . . . . . 39
2.3 Bond polarizability model . . . . . . . . . . . . . . . . . . . . . 39
2.4 Molecular dynamics . . . . . . . . . . . . . . . . . . . . . . . . . 40
2.5 Neural networks . . . . . . . . . . . . . . . . . . . . . . . . . . . 41

2.5.1 Feed-forward neural network . . . . . . . . . . . . . . . . 43
Residual neural network . . . . . . . . . . . . . . . . . . 46

2.5.2 Neural network for potential energy surfaces . . . . . . . 47
2.5.3 End-to-end neural network potentials . . . . . . . . . . . 49

Two-body embedding . . . . . . . . . . . . . . . . . . . . 52
Three-body embedding . . . . . . . . . . . . . . . . . . . 53

3 Atomistic simulations of Ge-rich GeSbTe alloys 55

3.1 The amorphous phase of non stoichiometric GeSbTe alloys . . . 56
3.1.1 Computational details . . . . . . . . . . . . . . . . . . . 57
3.1.2 Structural properties . . . . . . . . . . . . . . . . . . . . 59
3.1.3 Electronic properties . . . . . . . . . . . . . . . . . . . . 71
3.1.4 Vibrational properties . . . . . . . . . . . . . . . . . . . 74
3.1.5 Summary . . . . . . . . . . . . . . . . . . . . . . . . . . 77

3.2 Decomposition reactions of non stoichiometric GeSbTe alloys . . 77
3.2.1 Computational details . . . . . . . . . . . . . . . . . . . 80
3.2.2 The convex hull in the Ge-Sb-Te ternary phase diagram . 82

2



CONTENTS

3.2.3 Decomposition of GST523 . . . . . . . . . . . . . . . . . 85
3.2.4 Decomposition of Ge-GST124 alloys . . . . . . . . . . . 87
3.2.5 Decomposition propensity . . . . . . . . . . . . . . . . . 89
3.2.6 Decomposition reactions in the amorphous phase . . . . 95
3.2.7 Summary . . . . . . . . . . . . . . . . . . . . . . . . . . 96

4 A Neural Network Potential for Ge2Sb2Te5 98

4.1 The generation of the neural network potential . . . . . . . . . 99
4.2 Validation of the NN potential . . . . . . . . . . . . . . . . . . . 102

4.2.1 The liquid phase . . . . . . . . . . . . . . . . . . . . . . 102
4.2.2 The amorphous phase . . . . . . . . . . . . . . . . . . . 109
4.2.3 The cubic crystalline phase . . . . . . . . . . . . . . . . 114
4.2.4 The hexagonal phase . . . . . . . . . . . . . . . . . . . . 115

4.3 Simulation of the crystallization process . . . . . . . . . . . . . 118
4.4 Summary . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 124

5 Conclusions 125

A Additional material on the decomposition of GST523 128

B Structural properties of amorphous GST212 135

C Additional material on amorphous Ge2Sb2Te5 139

D Order parameter Q4 143

E Additional material on the crystallization of Ge2Sb2Te5 145

Bibliography 148

List of publications 165

Acknowledgement 166

Page 3



Introduction

In this thesis, we have studied the structural and functional properties of GeS-
bTe (GST) alloys by means of atomistic simulations. These alloys belong to
the class of phase change materials which have been employed for data storage
applications such as rewritable optical disks (CD-RW, DVD-RW) since the ’90
and more recently in electronic non-volatile memories named Phase Change
Memories (PCM) [1, 2, 3]. These applications rely on the ability of chalco-
genide alloys to switch rapidly and reversibly between the crystalline and the
amorphous phases upon heating. The two phases differ in their optical and
electrical properties which allows encoding binary a information. The switch-
ing operation is induced by laser pulses in optical disks or current pulses in
electronic memories. The crystalline low resistance phase corresponds to the
1-bit state of memory which turns into the amorphous upon proper heating
in the RESET operation. On the contrary, the SET operation consists of the
phase transition from the amorphous high resistive phase (0-bit) to the crys-
talline one.

Non-volatile electronic memories based on phase change materials gained
increasing attention in the early 2000s as a consequence of some limitations of
the flash memories at that time and due to several advantages that PCMs of-
fer, such as fast programming time, high reliability, superior cycling endurance
and easy integration in microelectronics based on silicon.

The material of choice for PCMs is the Ge2Sb2Te5 (GST225) compound
which can be seen as a pseudobinary alloy on the GeTe-Sb2Te3 tie-line. Mem-
ories based on this alloy have already reached the global market. Indeed, in
2017 Intel and Micron have commercialized 3D cross-point standalone memo-
ries based on GST225 [4]. PCMs are also of interest for embedded memories
applications for which we can envisage a very huge market ranging from in-
ternet of things to automotive applications. However, the crystallization tem-
perature (Tx) of GST225, around 420 K, is too low for embedded-memories
applications of interest for the automotive sector, which requires a higher op-
erating temperature with respect to standalone applications.

To improve data retention at high temperatures of embedded PCMs sev-
eral approaches have been proposed, such as doping GST225 with nitrogen
or carbon, exploring other ternary alloys (InSbTe, InGeTe and GaSbTe) or
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tuning the composition of GST alloys by increasing the content of Sb or Ge
[5, 6, 7, 8, 9, 10]. Embedded memories based on Ge-rich GST alloys have
already reached an advanced stage of development. A high-density embedded
PCM on the 28 nm technological node has been demonstrated to be viable for
automotive microcontroller applications [11].

It was shown that by increasing the fraction of Ge, Tx can be raised above
600 K [12]. The raise in the crystallization temperature has been ascribed
to phase separation into Ge and a less Ge-rich GST alloy upon crystalliza-
tion [13]. This phase separation enhances data retention but comes with some
drawbacks such as an electrical resistance drift with time of the SET state
and a high cell-to-cell variability [14]. In order to mitigate these drawbacks,
a better understanding than currently available of the mechanism underlying
the phase separation process is required. In this respect, atomistic simulations
based on density functional theory (DFT) could provide useful insights on the
properties of Ge-rich GST alloys as occurred for the stoichiometric GST225
compund [15, 16, 17, 3].

On these premises, in this thesis work we carried out a systematic study
of the properties of Ge-rich GST alloys based on DFT calculations. We have
first investigated the local structure of the amorphous phase of Ge-rich GST
alloys as a function of Ge content by generating amorphous models for selected
different compositions by quenching from the melt. Then, we investigated the
thermodynamics of the possible decomposition channels of Ge-rich GST alloys.
To this end, we used high-throughput DFT methods to explore the full ternary
Ge-Sb-Te phase diagram. This comprehensive analysis allowed us to assign to
each GST alloy a decomposition propensity based on DFT thermochemical
data. This information, combined with the knowledge of the structural prop-
erties of the amorphous phase, allowed us to devise a possible strategy to tune
the composition in order to limit the segregation of Ge by still keeping a high
Tx.

This work on the Ge-rich GST alloys has been carried out within the Euro-
pean project BeforeHand (Boosting Performance of Phase Change Devices by
Hetero- and Nano-Structure Material Design). The theoretical results on the
decomposition pathways and the electrical properties of the amorphous phase
have been compared with experimental data from other partners of the project.

Hitherto, we have introduced our approach to the study of the decompo-
sition reactions of Ge-rich GST alloys based only on thermodynamics. How-
ever, kinetic effects related to the segregation of Ge might strongly affect the
products resulting from of the decomposition process. The atomistic molec-
ular dynamic simulation of such a complex process requires runs several ns
long for several thousands of atoms, which is far beyond the reach of DFT
methods. A possible route to overcome these limitations is the development of
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reliable classical interatomic potentials. Behler and Parrinello have introduced
a framework to develop high-dimensional interatomic potentials with close to
ab-initio accuracy by employing artificial neural networks (NN) fitted on a
DFT database [18]. This scheme was demonstrated to be suitable to describe
the complexity of the chemical bonding in phase change materials such as GeTe
[19] and Sb [20]. The direct simulations of the crystal nucleation and growth
of GeTe and Sb based on NN potential were indeed reported in previous works
[20, 21, 22].

In the perspective to extend this scheme to Ge-rich GST alloys, we devel-
oped a NN interatomic potential for the ternary compound GST225 by fitting
a huge DFT database with the DeepMD code [23, 24]. The NN potential has
been validated on the structural, dynamical and vibrational properties of liq-
uid, crystalline and amorphous phases of GST225. We have then employed the
NN potential to study the kinetics of homogeneous and heterogeneous crystal-
lization in the supercooled liquid with supercells containing up to 12000 atoms
for a few tens of ns which allowed us to estimate the crystal growth velocity in
a wide range of temperatures. These results demonstrated the possibility to
devise a reliable and computationally viable NN potential for a complex sys-
tem such as GST225. This achievement represents a very crucial step toward
the development of NN interatomic potential for Ge-rich GST alloys that will
allow shedding light on the kinetics of the crystallization of these alloys by
atomistic simulations.

The thesis is organized as follows. In Chapter 1 an overview of phase change
materials and memories is provided. Chapter 2 is devoted to the theory and
computational methods employed in this work. The results on the structural
properties of the amorphous phase of Ge-rich GST alloys and the study of the
decomposition reactions in the ternary phase diagram are reported in Chap-
ter 3 while Chapter 4 is devoted to the development of the NN interatomic
potential for GST225 and its application to the study of the crystallization
process.
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Chapter 1

Phase change materials and

memories

In this chapter, an overview of phase change memories (PCMs) will be provided
in the first section, followed by a section on the structural properties of the
prototypical GeSbTe compounds on the GeTe-Sb2Te3 tie-line used in PCMs
and finally, in the last section, we will discuss properties of Ge-rich GST al-
loys proposed for embedded memories applications refining a crystallization
temperature higher than those achievable for stoichiometric GST alloys.

1.1 Overview

Phase change materials, typically consisting of chalcogenides alloys, are of keen
interest for applications in optical discs (CD-RW, DVD-RW, DVD-RAM and
Blue Rays) [25, 26] and electronic non-volatile memories named Phase Change
Memories (PCMs) [1, 27, 28]. Both applications rely on a very rapid (∼ 50 ns)
and reversible transformation between the crystalline and amorphous states of
phase change materials induced by heating via laser irradiation in the optical
discs or the Joule effect in PCMs. The two logical states correspond to the two
phases which are distinguishable thanks to the large contrast in their electrical
resistivity (in PCMs) and optical reflectivity (for DVDs). Roughly speaking,
the amorphous phase is insulating while the crystal is metallic, or to be more
precise the amorphous phase is an intrinsic semiconductor while the crystal is
a degenerate semiconductor for the reasons that will be discussed later on. The
history of this technology dates back to the seminal work of Ovshinsky [29]
in the ’60s in which the author suggested to employ amorphous chalcogenides
for data storage applications. This innovative idea captured the attention of
researchers looking for recordable video discs. Initially, the development was
slow and has been interrupted several times. In the late ’80s, Yamada and
co-workers [25] found very promising materials for data storage applications in
the GeSbTe (GST) phase diagram which broadened the perspectives for the
realization of these technologies. The amorphous phase of the alloys discovered
by Yamada displays ideal properties for optical storage applications [30], such

7



CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

as high thermal stability at room temperature and rapid crystallization with
large optical changes upon laser irradiation. Afterwards, and in a very short
time, optical discs based on Ge2Sb2Te5 (GST225) were commercialized. Since
then, GST225 has been the prototypical phase change material which attracted
most of the efforts in the field. More or less at the same time when optical discs
based on GeSbTe alloys entered the global market, the limitation in the scaling
down of non-volatile memories technologies opened the route to the investiga-
tion of new technologies with high cell density, higher speed time and CMOS
compatibility [31]. In this respect, phase change materials had already been
proposed for electronic non-volatile memories since the ’70s [32]. However, the
programming time and programming energy at the actual technological nodes
in the ’70s were not competitive with silicon-based devices. In the early 2000s,
the advance in materials exploration and the dramatic shrinking of the tech-
nological node, together with the need for new non-volatile memories, made
PCMs an interesting new technology to be explored.

A PCM device is essentially a resistor of a GST alloy (active material) in-
serted between two electrodes (see Fig. 1.1). The phase transition occurs in a
small portion of the active material which is heated by a heater located below
the active zone due to electrical pulses induced by applying a bias between
the two electrodes. The "0" logical state of the memory is encoded in the
amorphous phase while the "1" logical state is encoded in the crystalline one.
Readout of the memory consists of measuring the resistivity of the cell at low
voltage which allows discriminating the logical state thanks to the difference
of almost three orders of magnitude in the electrical resistivity. The cell pro-
gramming consists of either the amorphization of the crystal (RESET process)
or the recrystallization of the amorphous phase (SET process), see Fig. 1.2.

Figure 1.1: Cross section of a PCM memory cell in the so-called mushroom
architecture. The cell consists of an active layer of a phase change material
inserted between two electrodes. Upon electrical pulses, only a small portion
(active zone) undergoes the phase transformation due to Joule heating.
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CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

In the RESET operation, the active region initially in the crystalline state
is heated above the melting temperature (Tm) with a very short and intense
electrical pulse (see Fig. 1.3). Only a small region of the active material melts
upon heating giving rise to a huge temperature gradient inside the memory cell.
The temperature gradient leads to high cooling rates and as a consequence,
the temperature drops in a very short time, which hinders the crystallization
and leads to the formation of the amorphous phase. In the reverse process
(SET operation), the recrystallization of the amorphous phase is achieved by
raising the temperature above the glass transition temperature (Tg) where the
atomic mobility is high enough to allow for crystal nucleation and growth in a
few tens of nanoseconds. To this aim, a longer and less intense electrical pulse
is required as shown in Fig. 1.3.

The SET operation is possible at viable voltages thanks to a peculiar non-
linear current-voltage (I-V) characteristics of GST alloys shown in Fig. 1.4.
Should the amorphous phase behave as an ohmic resistance with an electrical
resistivity of the order of MΩ, one would need to apply a bias as large as 500
V to induce an electrical current of 0.5 mA used for recrystallization. GST
alloys overcome this problem due to the presence of an electronic transition to
a high conducting state beyond a threshold voltage (Vth) of the order of few
Volts. This threshold switching is also named Ovonic switching after the name
of Ovshinsky.

Figure 1.2: The two programming operations of PCM consist of the crystal-
lization of the amorphous phase (SET operation) or the amorphization of the
crystalline phase (RESET operation). This figure is taken from [3].
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CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES
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Figure 1.3: The profile of the electrical pulses used for the switching of PCM
cells. A fast and intense pulse leads to the melting of the crystal and then to
the amorphization of the active zone (RESET) while a longer and less intense
pulse leads to recrystallization of the amorphous phase (SET).

Figure 1.4: Typical I-V curve of phase change materials. Starting in an amor-
phous phase, upon applying a small voltage only low current flows through
the material. Once the applied voltage reaches a threshold voltage of the
order of a Volt, the electrical resistance undergoes an abrupt drop and the
current increases promoting the crystallization due to Joule heating. Instead,
the crystalline phase is metallic and exhibits a low Ohmic resistance. Figure
taken from [1].

PCMs, based on GST alloys, feature a writing speed close albeit lower than
that of the dynamic random access memories (DRAM) and much higher than
that of FLASH memories, namely, 50 ns for PCMs against 1-100 µs for Flash
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CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

and 10 ns for DRAM. Besides that, PCMs have better endurance, cycling
and scaling properties with respect to FLASH memories. All these features
allowed PCMs to enter the global market of memories. The first commercial-
ization was made by Numonyx in 2012 [33] for the cellular market with devices
at 45 nm technological node. In 2017, Intel and Micron announced a product
based on a 3D XPointTM technology with commercial name OptaneTM and
QuantxTM . A reverse engineering study [4] showed that these memories are
based on GST225. 3D XPointTM technology belongs to the so-called stor-
age class memories (SCMs) [34], which are capable of combining non-volatility
with a speed close to that of DRAMs as shown in Fig. 1.5. Indeed, the 3D
XPointTM memories are slightly slower than the DRAMs, but they exhibited
a storage capacity up to 1Tb at a lower cost than DRAMs, at least in 2018.
Further improvements in the performance of PCMs for applications in SCM
are underway. For instance, subnanosecond switching of PCMs was achieved
very recently [35]. Finally (and for completeness), one should highlight the fact
that PCMs are not the only candidate for this kind of application (SCM) and
for the replacement of flash memories. Several other technologies are under
investigation, such as resistive-switching oxides [36, 37], spintronic technology
[38, 39], ferroelectric materials [40, 41] and others [42, 43, 44, 45]. However,
only PCMs technology among those listed above has reached the maturity and
the stage to enter the market.

Figure 1.5: Map of the memory hierarchy based on the access time versus
the production cost. The wide gap of performance between NAND FLASH
memories and DRAM can be filled by the new class of memories known as
storage class memory (SCM) which are based on PCMs. Figure taken from
[34].
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CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

PCMs are of interest also for neuro-inspired computing. Nowadays, com-
puters are based on the so-called von Neumann architecture in which the mem-
ory unit is separated from the processing unit. Every time a piece of informa-
tion is processed it must be moved to the central processing unit (CPU) and
then back to the memory unit. Time and energy used for this data exchange
are now becoming the bottleneck for further improvement of the performances
of computing devices. In this respect, neuro-inspired computing [46, 47, 48, 49]
is a promising technology to overcome this limitation by unifying the process-
ing and storage units into a single unit [42]. Neuro-inspired computing was
achieved with PCMs devices by realizing the counterpart of biological neurons
[50] and synapses [51, 52]. The integrate-and-fire behaviors of the biological
neuron can be accomplished by the gradual crystallization of the active region
in PCMs while the dynamical stochasticity of neurons can be achieved by the
intrinsically stochastic crystallization behavior of GST alloys [53] controlled
by a sequence of electrical pulses. Also, plastic synapses were realized thanks
to the continuous nonlinear transition in the resistive state of PCMs devices
which mimic the synaptic weight.

As already mentioned the alloy mostly used for PCMs is the GST225 com-
pound, which displays a good compromise between the stability of the amor-
phous phase (at room temperature) and the crystallization speed. GST225
can be seen as an alloy on the (GeTe)m(Sb2Te3)n tie-line in the ternary phase
diagram as shown in Fig. 1.6. By changing the composition it is possible
either to increase the crystallization speed by moving toward the Sb-Sb2Te3
tie-line at the expense of a lower thermal stability of the amorphous phase, or
to raise the crystallization temperature by increasing the fraction of Ge. For
instance, amorphous Sb is known to recrystallize extremely fast even at room
temperature, while the crystallization temperature (Tx) of Sb2Te3 is around
360 K to be compared to that of GST225 which is of the order of 420 K.

In the last years, PCMs were investigated also for higher temperatures
applications of interest for the automotive sector. This kind of application
requires Tx higher than that of GST225 to ensure data retention at 450 K for
ten years. Materials exploration provided several options to raise Tx such as
using InSbTe, InGeTe or GaSbTe alloys [5, 6, 7], light doping GST225 with N,
O [8], carbon doped GeTe [9] and Sb-/Ge-rich GST alloys [10]. All these alloys
display higher Tx than GST225 to provide a better data retention thanks to
the higher stability of the amorphous phase.
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Figure 1.6: The GeSbTe ternary phase diagram highlights the compositions for
PCMs with higher data retention and those with higher programming speed.

1.2 Structural properties of GeTe-Sb2Te3 pseudo

binary phase change alloys

We here focus on the structural properties of pseudo-binary GeTe-Sb2Te3 al-
loys which encompass the GST225 composition mostly exploited in PCMs. For
the sake of comparison, we first illustrate the crystalline structure of GeTe and
Sb2Te3 parents compounds.

GeTe is the first phase change material discovered and suitable for PCMs.
GeTe crystallizes in two crystalline phases. At normal pressure and tempera-
ture below 700 K, the stable structure is the rhombohedral phase (space group
R3m) known as α-phase. α-GeTe contains two atoms per unit cell that can
be seen as a distorted rocksalt geometry with a displacement of the Te atom,
giving rise to GeTe bilayers stacked along the [111] direction of the original
cubic phase which turns into the c-axis of the trigonal phase. The experimen-
tal lattice parameters are a = 4.31 Å and α = 57.9 ◦ [54]. In this crystalline
phase, Ge forms three short GeTe intrabilayer bonds (2.84 Å) and three longer
interbilayer GeTe bonds (3.17 Å). The rhombohedral phase can be represented
in a hexagonal unit cell containing three formula units stacked along the c di-
rection and separated by the long bonds. The atoms follow a stacking sequence
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CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

similar to that of FCC structure (i.e. ABCABC...). The rhombohedral and
hexagonal cells of the α-phase are shown in Fig 1.7.

Figure 1.7: The primitive rhombohedral unit cell of α-GeTe (top) and the
conventional hexagonal unit cell (bottom). Short and long bonds are depicted
by solid and dashed lines. Ge and Te atoms are depicted by violet and grey
spheres.

The α-phase undergoes a ferro-paraelectric transition at around 700 K.
The resulting β-phase has a NaCl structure (space group Fm3̄m) with a lat-
tice parameter a=5.998 Å [55]. Extended X-Ray Absorption Fine Structure
(EXAFS) measurements revealed that in the β-phase, Ge keeps a local 3+3
bonds environment with, however, a random orientation which destroys the
ferroelectric order [56]. The β-phase of GeTe is the crystalline phase relevant
for the operation of PCMs because this is the crystalline phase the amorphous
transforms into during the SET operation.

GeTe lies in the zone of the phase diagram which exhibits relatively high
data retention at room temperature. On the other side of the GeTe-Sb2Te3
tie-line, we find Sb2Te3 which instead displays lower data retention but higher
programming speed (see Fig. 1.6).
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CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

vdW gap

vdW gap

vdW gap

Figure 1.8: The primitive rhombohedral unit cell of Sb2Te3 (left) and conven-
tional hexagonal unit cell (right) where three formula units are stacked along
the c-direction and separated by weak Te-Te contacts. Short and long bonds
are depicted by solid lines. Sb and Te atoms are depicted by yellow and grey
spheres.

Sb2Te3 crystallizes in a rhombohedral structure (space group R3̄m) with
five atoms per unit cell. The experimental lattice parameter are a = 10.44688
Å and α = 23.5513 ◦ [57]. Similarly to α-GeTe, Sb2Te3 can also be represented
in a hexagonal unit cell containing three slabs of five atoms each stacked along
the c direction and separated by a wide Te-Te vdW gap (Fig.1.8). The atoms
are stacked along the c direction in an ABCABC sequence. In this structure,
Sb is six-fold coordinated by Te forming three short (2.979 Å) and three slightly
longer (3.168 Å) bonds similarly to Ge in α-GeTe. Moreover, there is a weak
Te-Te contact 3.736 Å long across the vdW gap. Very recently, a metastable
rocksalt phase of Sb2Te3 with one vacancy per formula unit on the cationic
sites was found experimentally [58]. In this phase, the anionic sublattice is
fully occupied by Te while Sb and vacancies occupy the cationic one.
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CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

Figure 1.9: The hexagonal structure of Ge2Sb2Te5 and the occupation se-
quences suggested in the literature. From the left: Matsunaga [59], Petrov [60]
and Kooi model [61]. Ge, Sb and Te atoms are depicted by violet, yellow and
grey spheres. In the model proposed by Matsunaga, Sb and Ge are distributed
randomly in the cationic sublattice.

GST225, which is a pseudobinary compound on the GeTe-Sb2Te3 tie-line,
displays a stable rombohedral phase and a metastable cubic phase similarly to
the parent compounds. In the stable phase, GST225 has a hexagonal primi-
tive unit cell (space group P 3̄m1) with 9 atoms stacked along the c-direction.
Along the c-direction, each 9 atoms (formula unit) form a slab separated from
adjacent slabs by a long weak Te-Te contact. The stacking sequence of atoms
within the slab is again ABCABC. Several occupation sequences of the cationic
sublattices have been proposed experimentally as shown in Fig. 1.9. The ex-
perimental lattice parameters due to Matsunaga [59] are a = 4.224 Å and c =
17.2391 Å. DFT calculations showed that the energetically most stable stack-
ing sequence is the one proposed by Kooi. Although, the sequence suggested
by Matsunaga is slightly higher in energy, the difference with Kooi is of the
same order of the contribution of configurational entropy to the free energy at
300 K [62]. GST225 also displays a cubic NaCl metastable phase with 20% of
vacancies on the cationic sublattice. Actually, the cubic phase is the relevant
one for the operation of the memory [30] as it is the case for GeTe. The experi-
mental lattice parameter of the metastable structure is a= 6.0293 Å [59]. XRD
measurement showed that vacancies, Ge and Sb occupy randomly the cationic
sublattice while the anionic sublattice is fully occupied by Te [59]. Similarly
to GeTe, Ge in cubic GST225 displays locally 3+3 geometry with short and
long bonds.
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CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

Concerning the amorphous phase of Ge2Sb2Te5, EXAFS analysis [63, 64,
65, 66] revealed that Ge atoms are four-fold coordinated in amorphous GeTe
and GST225, in contrast with the six-fold coordination typical of the crys-
talline phase. Although a four-fold coordinated Ge atom immediately sug-
gests a tetrahedral coordination, reverse Monte Carlo (RMC) analysis of x-ray
diffraction data on amorphous GST225 have been achieved [67] without in-
cluding tetrahedral Ge. However, later XANES measurements supplemented
with DFT calculations identified a typical edge that has been assigned to tetra-
hedral Ge [68].

In this respect, first principles Molecular Dynamics (MD) simulations pro-
vided helpful insights into the structure of the amorphous phase. Models
of amorphous phase obtained by quenching the melt in few tens of ps re-
vealed the coexistence of tetrahedral and defective octahedral-like structures
[15, 16, 69, 70, 17]. Moreover, the analysis of these models indicates the pres-
ence in the amorphous phase of Ge-Ge, Sb-Sb and Ge-Sb bonds that were
called "wrong bonds" because they are not present in the crystal. The pres-
ence of homopolar/wrong bonds can be seen in the partial radial distribution
functions in Fig. 1.10 and from the average coordination number for each
bond type in Tab. 1.1 taken from Ref. [70]. The distributions of coordination
number (see Fig. 1.10) show also that Te atoms are three-fold coordinated
while Ge, as well as Sb, are mainly four-fold coordinated. However, only one-
third of Ge atoms are in a tetrahedral environment. The remaining fraction of
four-coordinated Ge as well as all four-coordinated Sb atoms are in a defective
octahedral-like environment with bond angles typical of the octahedral geom-
etry, but coordination lower than six. Three-fold coordinated atoms (Ge, Sb,
and Te) have a pyramidal bonding geometry (see Fig. 1.11). It was shown that
the tetrahedral configuration of Ge atoms is favored by Ge-Ge bonds [70, 71].

Turning to the medium-range order, amorphous models generated with
molecular dynamic simulations showed that four-membered rings are the most
abundant in the amorphous phase of GST225 (Fig. 1.12) [69, 70, 17]. Most
of these rings are of the ABAB type (where A is Ge or Sb and B is Te) which
is the building block of the cubic crystalline phase. It was shown that four-
membered rings survive in the supercooled liquid phase above the glass tran-
sition temperature (Tg) and they act as nucleation sites for the formation of
cubic crystallites [3, 17]. For instance, highly ordered and connected four rings
from a snapshot of the liquid are shown in Fig. 1.13. It was also proposed that
the presence of nanocavities would favor the reorientation of four-membered
rings promoting the formation of crystalline nuclei [69]. Direct DFT simula-
tions of the crystallization of the amorphous phase of GST225 shed light on
the kinetics of formation of critical nuclei and crystal growth [17, 72, 73]. More
about crystallization will be discussed in the following section.

Page 17



CHAPTER 1. PHASE CHANGE MATERIALS AND MEMORIES

Figure 1.10: Partial and total pair correlation functions (left) and coordination
number distributions (right) of amorphous GST225 from DFT simulations
from [70].

Table 1.1: Partial average coordination numbers of amorphous GST225 as
obtained from DFT simulations in Ref. [70].

with Ge with Sb with Te total
Ge 0.29 0.36 3.31 3.96
Sb 0.36 0.43 3.36 4.15
Te 1.33 1.34 0.30 2.97

a) b) c)

Figure 1.11: The typical local neighborhoods of atoms in the amorphous phase
of GST alloys. a) Atom in defective octahedra with four neighbors, b) three-
fold coordinated atom in a pyramidal geometry and c) four-fold coordinated
atom in a tetrahedral geometry.
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Figure 1.12: Distribution of the ring lengths in amorphous GST225 from DFT
simulations from [15].

Figure 1.13: A snapshot of connected four-membered rings in the liquid phase
of GST225. Taken from [17].

Concerning the electronic properties, GST225 is a degenerate p-type semi-
conductor in the cubic crystalline phase and an intrinsic semiconductor in the
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amorphous phase [74] with an optical band gap of 0.5 and 0.7 eV in the two
phases [75]. The stoichiometric compound in the cubic crystalline phase is an
intrinsic semiconductor as was shown by DFT calculations [70]. The shift of
the Fermi level into the valence band in the cubic phase is ascribed to defects
of stoichiometry such as Sb and Ge deficiency. On the other hand, the Fermi
level in the amorphous phase is pinned at around mid-gap, as defects in stoi-
chiometry can be accommodated in the amorphous network by still remaining
insulating. Actually, in the amorphous phase localized states are present in
the mobility gap [70, 74] as shown in Fig. 1.15. In Fig. 1.14 we show x-ray
photoemission spectroscopy (XPS) data and DFT electronic density of states
(DOS) of crystalline and amorphous GST225 calculated with the PBE func-
tional taken from Ref. [76] and Ref. [16]. The DFT band gaps, as usual, are
underestimated (of about 0.2 eV) and the position of the Fermi level is in the
gap. The shape of the electronic DOS is due to s- and p-like states of the
atomic orbitals of Ge, Sb and Te as shown in Fig. 1.15.

Figure 1.14: a) XPS data for amorphous (top) and crystalline (bottom)
GST225 from Ref. [76]. b) DFT electronic DOS of amorphous (black) and
crystalline (blue) GST225. The position in energy of atomic-like levels shown
with vertical arrows. Adapted from [16, 76].
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Figure 1.15: Sketch of electronic DOS in the amorphous (top) and crystalline
(bottom) phase of GST alloys. Localized states are shown in red within the
mobility gap while the Fermi level is pinned in the mid-gap. In the crystalline
state, the Fermi level is typically shifted into the valence band due to defects
in stoichiometry. Taken from [74].

Although the electronic DOS is very similar in the crystalline and the amor-
phous phase, there is a significant contrast in the optical absorption between
the two phases due to an enhancement of the optical matrix elements in the
crystalline phase [77]. This was ascribed to the presence in the crystalline
phase of a new type of bonding named metavalent bonding (partially metallic,
partially covalent) [78, 79, 80, 81]. In the metavalent bonding a half pair of
electrons is shared between two atoms (3c-2e bonds) and the atoms are typi-
cally over-coordinated in geometries incompatible with the 8–N rule giving rise
to peculiar behavior such as large effective charge, large Grüneisen parameter
and large ϵ∞ which are typical features of crystalline phase change materials.
A different picture was recently proposed involving hyperbonds in the form of
3c-2e bonds originated from dative bonds from lone pairs of p and s orbitals
[82, 83, 84].

1.2.1 Crystallization process

In GST alloys, at the operation condition of the memory device the crystalliza-
tion proceeds via nucleation and growth. The nucleation process consists of the
formation of a postcritical crystalline nucleus that is able to grow. The crystal
growth velocity (vg) depends on the driving force for crystallization, which is
the difference in the chemical potential (∆µ) between the supercooled liquid
and the crystalline phase, and the self-diffusion coefficient (D) as given by the

phenomenological Wilson–Frenkel (WF) expression [85] vg = ukin(1 − e
− ∆µ

kBT )
where the kinetic prefactor is given in turn by ukin = 4D/λ and λ is a typical
atomic jump length in the diffusion process.

The crystallization process can be described by the classical nucleation
theory [86, 87] where the formation of a crystalline nucleus depends on the
free energy gain due to the crystallization and the free energy loss due to the
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formation of a liquid-crystal interface. The formation free energy, assuming a
spherical shape of the nucleus, is given by [88]:

∆G = −4π

3
R3ρcrys∆µ+ 4πR2γ (1.1)

where R is the radius of the nucleus, ρcrys is the atomic density, and γ is the
liquid-solid interfacial energy. The maximum of ∆Gc = 16πγ3/3(ncrys∆µ)

2

is the barrier for the formation of a critical crystalline nucleus with radius
Rc=2γ/ncrys∆µ. Classical nucleation theory provides also an expression for
the steady state nucleation rate (Iss) given by [88]:

Iss = scΓz
6D

λ2
e
(−∆Gc

kBT
) (1.2)

where sc is the number of surface sites in the critical cluster. Iss as a function
of temperature is controlled by ∆µ and D. The contribution of ∆µ increases by
cooling the system while that of D displays an opposite trend. The nucleation
rate and the growth velocity have a different dependence on temperature and
their maximum value is typically at two different temperatures. This gives
rise to two different crystallization behaviors that can be present in different
materials: nucleation- and growth-dominated crystallization. In nucleation-
dominated crystallization, several postcritical nuclei form and the crystalliza-
tion time does not depend on the volume of the sample. On the contrary, in
growth-dominated crystallization, the process proceeds from the edges of pre-
formed crystalline seed and therefore the crystallization time depends on the
volume of the system. GST225 displays a nucleation dominated crystallization
[1].

The crystallization of GST225 has been studied experimentally over a wide
range of temperatures by means of ultrafast differential scanning calorimetry
(DSC) measurements. Ultrafast DSC employs high heating rates necessary to
investigate the crystallization of GST225 between 450 and 650 K where the
crystallization is extremely fast and not accessible by traditional DSC measure-
ments [89]. Then, under several assumptions, Ovara et al. extracted crystal
growth velocity (vg) as a function of temperature from the DSC data as shown
in Fig. 1.16 [89].

Direct ab-initio molecular dynamics (AIMD) simulations of the crystalliza-
tion of GST225, although computationally demanding, have been reported in
literature. The first attempt employed small cells with a number of atoms
ranging from 63 and 180 [17, 90, 91]. The small size of the cell enhanced the
nucleation rate at the simulation temperature (600 K) due to fictitious inter-
action of the crystalline nucleus with its periodic images, which allowed the
formation of a crystalline nucleus on a time scale of 0.5 ns. These simulations
shed light on the mechanisms involved in the early stages of the formation of
a postcritical nucleus. In particular, the analysis of the AIMD trajectory sug-
gested that four-membered ABAB rings, which are the building blocks of the
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crystal, are present in the supercooled phase as well and they play a crucial
role in the formation of the medium-range ordered planar structures which
form a seed for a fast crystallization. Subsequently, larger models (460- and
648-atom supercells) and longer simulations (up to 8 ns) [72, 92, 93] were em-
ployed to study the crystallization of GST225 at several temperatures in the
range 500-700 K, confirming the important role of the four-membered rings
in the nucleation process. Finally, in Refs [73, 94] MD simulations with large
models up to 900-atoms supercell were employed to study the crystallization of
amorphous GST225. In these works, the crystallization growth velocity in the
bulk and from the liquid-crystal interface were studied. For the crystallization
in the bulk, a postcritical nucleus was generated by means of metadynamics
techniques. It was found that the crystal growth velocity is very similar in
the two cases, from the growth of an postcritical nucleus in the bulk and from
the movement of the crystal-liquid interface both at 6000 K is about 1 m/s
[73]. Moreover, by comparing the value of the crystal growth velocity obtained
from small (460-atoms) and larger (900-atoms) models, it was observed that
the smaller models overestimate the crystal growth velocity by a factor of two
due to finite size effects.

Figure 1.16: Temperature dependence of the crystal growth velocity of GST225
based on DSC analysis. Taken from [89].

1.3 Ge-rich GeSbTe alloys for embedded mem-

ories

The search for new memory technologies was prompted about two decades ago
by the need to get around the scaling limitations of flash memories based on
the floating gate MOS transistors. Several technologies have been proposed,
such as ferroelectric magnetic RAM (MRAM), ferroelectric RAM (FRAM),
resistive-switching oxides (ReRAM), and PCMs. PCMs are the most mature
option among emerging memory technologies. PCMs have also shown the
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possibility to fill the performance gap between the flash and DRAM memories
giving rise to a new class of memories called "Storage class memories".
In the same years that PCM technology for stand-alone applications made
significant progress and demonstrated to be a reliable technology with elevated
manufacturability and high production volume, the semiconductors industry
started to develop increasingly sophisticated Systems on Chip (SoC). A SoC is
an integrated circuit that bundles several components such as CPU, memory,
signal processor and others to add functionality to electronic devices. Today,
almost every, if not all, electronic device is based on SoC. PCMs made their
way also into this market and the first embedded PCM, based on GST225, was
presented in 2009 [95] thanks to its capability to compete with the conventional
embedded flash memories and all the other candidates discussed above. Indeed,
in principle, all the new technologies initially proposed for memory applications
to replace flash memories are suitable for embedding applications thanks to
their common advantages as shown in Fig. 1.17. Nevertheless, PCMs have a
larger read window than MRAMs and ReRAMs thanks to the larger change in
the resistance between the two logical states with respect to MRAM and the
low resistance noise with respect to ReRAMs. PCMs encode the information
employing phenomena observed in the bulk, which makes these memories less
sensitive to point defects down to a few nanometers. On the other hand,
MRAMs functionality is based on an ultra-thin tunnel dielectric layer while
ReRAMS, more specifically filament ReRAMS, exploit the migration of a few
tens of atoms (or ions) which makes them less reliable.

Figure 1.17: Common advantages of the emerging memory technologies
(MRAM, FRAM, ReRAM and PCMs) for embedded applications compared
with the conventional flash technologies. Taken from [95].

The soldering problem in embedded PCMs (ePCMs) requires, however,
data retention at temperatures much higher than the Tx of GST225. Higher Tx

are also needed for ePCMs of interest for automotive sector. Several strategies
to enhance the Tx of phase change materials have been pursued. As already
anticipated, several materials have been explored such as InSbTe [6], InGeTe
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[5] or GaSbTe [7] alloy, light doping GST225 with N, O [8] or employing Sb-
/Ge-rich GST alloys [10]. Among these materials, Ge-rich GST alloys are the
most promising candidates for high-temperature applications. Indeed, several
proofs of concepts of embedded memories based on Ge-rich GST alloys are
reported in literature [10, 12, 13, 96, 97, 98].

A few years ago, a ‘golden composition’ for high-temperature PCM appli-
cations was obtained starting from Ge2SbTe2 by increasing the fraction of Ge
[10]. Ge2SbTe2 is an isoelectronic alloy on the Sb-GeTe isoelectronic tie-line
which corresponds to a fixed average number of three p electrons for each
crystalline site. The golden composition showed a reasonable compromise be-
tween switching speed (∼ 80 ns) and thermal stability (Tx of about 520 K).
Further exploration showed that Tx can reach up 600 K (see Fig. 1.18) by
increasing further the fraction of Ge [13, 12, 99, 100]. A composition among
those screened was employed in a 4-Mb chip. The resulting embedded PCM
displayed enhanced data retention although with a switching speed three times
slower than that of GST225, an endurance of 108 cycles and a well-defined read-
ing window (see Fig. 1.19) [13]. Despite the programming speed reduction, this
prototypical embedded PCM competes with flash-embedded memories and is
compatible with the tight requirements of automotive applications.

Figure 1.18: Tx of Ge–rich alloys from Ref. [13].

The high Tx of Ge-rich GST alloys has been ascribed to a phase separa-
tion into Ge and less Ge-rich GST alloys [12, 101, 102, 103, 104, 105]. The
mass transport involved in the phase separation slows down the crystallization
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kinetics as the segregation phenomena require a long diffusion length of the
atoms, which would imply a longer incubation time to form crystalline super-
critical nuclei. The phase separation was observed after the crystallization of
as-deposited amorphous films [102, 103, 104, 101] and during forming (initial-
ization) of the memory cells [12, 98]. The inhomogeneity resulting from the
phase separation in PCM cells based on Ge-rich GST alloys has some draw-
backs such as the resistance drift in the SET (crystalline) state [14]. The
resistance drift is present also in the memories based on GST225, but only
in the RESET state due to the aging of the amorphous phase that evolves
with time towards a more stable amorphous structure with a larger electronic
gap and a higher electrical resistivity. In the Ge-rich PCMs, the drift affects
the SET and RESET states which brings some additional reliability problems.
Furthermore, PCMs based on Ge-rich GST display a high cell-to-cell vari-
ability possibly due to the inhomogeneities of both SET and RESET states.
Therefore, further investigations have been carried out on Ge-rich GeSbTe
films required to better understand this segregation processes and to improve
the choice of GST composition in order to minimize these detrimental effects.

a) b)

Figure 1.19: a) Cycling performances of a prototypical memory cell based on
a Ge-rich GST alloy compared with that of GST225. b) SET resistance as a
function of the quenching time for the same two cells. Adapted from [13].

Several experimental works have been devoted to the investigation of the
phase separation phenomena. In Ref. [10], time-resolved XRD data indicate
the formation of crystalline Ge and cubic GST alloy at about 540 K starting
from Ge-rich Ge2SbTe2 amorphous alloy. In Ref. [98], the crystallization
of an amorphous film of a GST alloy with 45% Ge excess with respect to
GST225 gives rise to a cubic GST alloy at around 620 K, while the formation
of crystalline Ge is observed at 670 K. In Ref. [102, 104] the crystallization of a
GST amorphous film with 45% excess of Ge with respect to GST225 and 4% of
nitrogen doping was studied both by annealing the as-deposited material and
by subsequent crystallization and amorphization cycling by laser irradiation in
GST alloys in the cubic phase with different compositions were observed, along
with the formation of Ge crystallites embedded in the GST matrix as shown
in Fig. 1.20. The compositional map was obtained from EELS measurements
which might be affected by the presence of grains with different compositions
along the section of the sample over which the spectra are recorded.
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Figure 1.20: (a) TEM micrograph of the Ge-rich GST film after laser irra-
diation with a low energy density. Crystalline regions are indicated with red
arrows. (b) Compositional map obtained from EELS spectra. Blue regions
correspond to GST alloys with less than 45% content of Ge while yellow ones
are richer in Ge (around 65%) (c) Compositions according to the EELS map.
Taken from [102].

The first annealing of the as-deposited material leads to the formation of
Ge crystallites that survive the subsequent cycling process which involves a
GST alloy with a lower fraction of Ge with respect to the initial one. The ini-
tial annealing of the as-deposited material corresponds to the so-called forming
operation of the memory [12].

More recently, Luong and et al. [101] have studied the crystallization of
Ge-rich GST225 with Ge content above 30%. The crystallization process was
studied by several long annealing. The XRD data in Fig.1.21 suggested the
following scenario for the phase separation. First, Ge diffuses out from the GST
matrix at around 590-610 K. At this temperature, the small regions of pure Ge
start to crystallize which enhances the Ge diffusion towards these crystallites
and hence the impoverishment of the amorphous GST matrix. Once the Ge
content in the GST regions is low enough, the GST matrix starts to crystallize
in cubic GST225. This composition was inferred from the lattice parameter
which, however, is very similar for a wide range of the compositions along
the GeTe-Sb2Te3 pseudobinary line. A very recent paper [106], suggests a
scenario very similar to that proposed by Luong et al. with an intermediate
step between the crystallization of Ge and that of the GST matrix. This
additional step consists of the formation of GeTe in regions very rich in Ge,
which allows the further impoverishment in Ge of the amorphous regions as
shown in Fig. 1.22.
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Figure 1.21: XRD patterns of Ge rich GST films annealed at different temper-
atures in the range between 610 and 770 K with different annealing times in
the range between 0.5 up to 3 hours in nitrogen atmosphere. The vertical lines
with red squares, green triangles, and blue diamonds show the expected angu-
lar positions of the diffraction peaks corresponding to the Ge (111), GST225
Hexagonal (HEX–013), and GST-225 Face Centered Cubic (FCC–200) planes,
respectively. Taken from [101].

Figure 1.22: The suggested crystallization mechanism for Ge-rich GST alloys
based on synchrotron X-ray data obtained during isothermal annealing. Taken
from [106].

In Fig. 1.21 one observes that after further prolonged annealing time at
higher temperature the formation of hexagonal GST225 was detected at almost
720 K [101], which is roughly 100 K higher than cubic-hexagonal transition
temperature in GST225 [107]. This may suggest that the cubic phase might
have a different composition than GST225. Nevertheless, GST alloys on the
GeTe-Sb2Te3 tie-line are the only ternary compounds in the Ge-Sb-Te phase
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diagram which are thermodynamically stable and which a Ge-rich off stoichio-
metric GST alloys is supposed to crystallize into if the sample is annealed at
a sufficient high temperature and for a sufficiently long time. Although this
might be the case for the long annealing protocol performed in Ref. [101], the
operation conditions of the memory are quite different, leading to a rapid rise
of temperature with a crystallization time of a few µs at most. In this respect,
the laser irradiation annealing used in Refs [102, 104] are somehow closer to
the operation conditions of PCMs.

Several questions regarding the phase separation process emerge naturally
from the experiments summarized above. For instance, it is not clear yet to
which extent the phase separation is reversible during SET/RESET opera-
tions. What are the compositions and phases of the resulting crystalline GST
alloy? What crystallizes first, Ge or GST?

Theoretical calculations might provide a deeper insight into the phase sep-
aration as already done for other properties of GST alloys. In this respect, a
recent theoretical work [108] investigated the stability of the amorphous phase
of Ge-rich GST alloys along the Ge-GeSb2Te4 tie-line based on first princi-
ples calculations. This study showed, based on energetic analysis, that alloys
with Ge content above 50 % are thermodynamically unstable with respect to
phase separation into amorphous Ge and amorphous GeSb2Te4 (see Fig. 1.23).

This work suggests that phase separation of highly Ge-rich GST alloys
could take place in the amorphous phase itself. It remains to be seen whether
Ge-rich GST with Ge content close or slightly below 50% could remain a
metastable composition during the crystallization in the cubic phase. In PCMs
the phase separation is believed to occur during the crystallization process
which is slowed down because of the mass transport involved in the segregation
of Ge. In the operation conditions of the memory, it is still unclear whether
phase separation occurs first in the amorphous phase or it is concomitant with
the crystallization process
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Figure 1.23: DFT formation energy of amorphous GST alloys along the Ge-
GeSb2Te4 tie-line with respect to Ge and GeSb2Te4 (both in the amorphous
phase). Alloys with a fraction of Ge larger than 50% are unstable upon de-
composition into amorphous Ge and amorphous GeSb2Te4. Taken from [108].

In the previous DFT work of Ref. [108] the structural properties of the
amorphous phase of the alloys along the Ge-GeSb2Te4 tie-line was studied as
well. It was shown that by increasing the fraction of Ge the local structure of
the amorphous phase becomes more and more dissimilar from the octahedral-
like geometry in four-membered rings of the cubic phases. Namely, by increas-
ing the fraction of Ge, one observes an increase of Ge-Ge homopolar bonds, of
Ge atoms in tetrahedral geometry and of long-membered rings at the expense
of four-membered rings (see Fig.1.24).

Figure 1.24: From (a) to (f): the distribution of rings length in DFT models
of amorphous phase of alloys along the Ge-GeSb2Te4 and GeTe-Sb2Te3 tie-
lines. Typical rings in each model are shown in the insets. Ge, Sb, and Te
atoms are shown with red, yellow, and blue spheres. (g) Fraction (%) of Ge-Ge
homopolar bonds and Ge in tetrahedral geometry in amorphous Ge-rich GST
alloys. Taken from [108].

The work on Ref. [108] was published a few months after we submitted our
paper on the simulations of Ge-rich GST alloys [109] that will be discussed in
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Sec. 3. Both Ref. [108] and our paper [109] addressed the structural properties
of the amorphous phase of Ge-rich GST alloys and very similar results were
observed in our simulations as will be discussed in more detail in the following
chapters.
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Chapter 2

Methods

In this thesis, we performed electronic structure calculations on the properties
of GeSbTe alloys. We used density functional theory (DFT) as described in Sec.
2.1 to optimize the structure of the crystalline phase and to compute phonons
as described in Sec. 2.2. From DFT phonons and the semiempirical Bond
polarizability model (see Sec. 2.3), we computed Raman spectra of GeSbTe
alloys. Models of the amorphous phase of GeSbTe alloys have been quenched
by molecular dynamics simulations as described in the Sec. 2.4. Finally, to
enlarge the scope of DFT method, we employed a machine learning technique
to develop a Neural Network interatomic potential for the GST225 compound
using the scheme described in Sec. 2.5.

2.1 Density functional theory

The objective of condensed matter physics is to explain the physical and chem-
ical properties of molecules and solid-state systems at the atomic level. Most
of these properties are governed by quantum effects, making this fundamen-
tal theory the best tool to investigate materials. In the original formulation
of quantum mechanics, the fundamental equation to study a system is the
Schrödinger equation where the unknown object that governs the system evolu-
tion is the wavefunction. The wavefunction of a system depends on the coordi-
nates of all the nuclei and electrons that make it up. In the Born–Oppenheimer
(BO) approximation [110] the dynamics of the electrons and nuclei are decou-
pled thanks to the large differences in masses between the nuclei and electrons.
This approximation allows the factorization of the wavefunction into electronic
and nuclear components. Yet, the BO problem is still a differential eigenvalue
equation depending upon a large number of variables, three for each electron.
Therefore, a reformulation of the problem is required to reduce its complexity.

In this respect, Hohenberg and Kohn in the mid ’60s proposed a frame-
work in which the electronic density replaces the wavefunction as an unknown
variable of the problem [111]. This new framework is known as Density Func-
tional Theory. Within this scheme, the energy of an electronic gas subject to
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an external potential Vext is given by:

E[n(x)] = F [n(r)] +
1

2

∫

drdr′
n(r)n(r′)

| r′ − r′ | +
∫

drn(r)Vext(r) (2.1)

where n(r) is the electronic density and F [n(r)] is a unique and universal
functional independent of the external potential. F [n(r)] describes the ki-
netic, exchange and correlation terms of energy. The second term in Eq. 2.1 is
Hartree energy while the third one is due to the interaction of electrons with
the external potential (the presence of nuclei, for instance). In this framework,
the energy is a functional of the electronic density and the explicit knowledge
of the wavefunction is not necessary to calculate the energy of a system. Thus,
the solution of the problem is obtained from the knowledge of a function of
three variables instead of the 3N variables that the wavefunction depends on.
The ground state energy of a system can be obtained by minimizing the en-
ergy functional with respect to the electronic density with the constraint of a
fixed number of electrons, thanks to the variational property of the emerging
framework. Unfortunately, the analytical form of F [n(r)] is unknown, so ap-
proximations are needed.

The actual implementation of DFT for ground state electronic structure is
based on the Kohn-Sham (KS) scheme [112]. In this scheme, the N-electrons
interacting system is mapped into a system of non-interacting electrons subject
to an effective potential Veff (auxiliary system) under the constraint that the
densities of the auxiliary system and the real one are the same. This mapping
between the two systems results in a Schrödinger-like single particle equation:

Ĥksϕi(r) = (−1

2
∇2

r + Veff (r)
)

ϕi(r) = ϵiϕi(r) (2.2)

where {ϕi} and {ϵi} are KS orbitals and energies of the auxiliary system.
The constraint that the auxiliary and the real densities must obey yields the
effective potential:

Veff (r) = Vext(r) + VH(r) + Vxc(r) (2.3)

where

VH(r) =

∫

dr′
n(r′)

| r− r′ | ,

Vxc(r) =
δExc

δn(r)
,

with

n(r) =
N
∑

i

| ϕi(r) |2 (2.4)

Therefore the total energy of the system is given by:
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E =
N
∑

i=1

ϵi −
1

2

∫

drn(r)VH(r)−
∫

drn(r)Vxc(r) (2.5)

where i runs over the occupied KS orbitals. The only unknown term in Eq. 2.5
is the exchange and correlation energy functional Exc[n(r)]. Several approx-
imations have been proposed for this energy term such as the local density
approximation (LDA) due to Kohn and Sham themselves [112] or the Gener-
alized Gradient Approximation (GGA) [113, 114] whose most popular imple-
mentation is due to Perdew, Burke, and Ernzerhof (PBE) [115]. In the LDA
approximation, the exchange and correlation energy is assumed to be that of
a homogeneous electron gas with the same density:

Exc =

∫

drn(r)ϵhomo
xc (n(r)) (2.6)

while in the GGA approximation, the exchange and correlation energy depends
locally on the density and its gradient:

Exc =

∫

drn(r)ϵhomo
xc (n(r))f(n(r),∇n(r)) (2.7)

The KS equations can be solved by a self-consistent procedure. First, an
initial guess of the electronic density is employed to compute the effective po-
tential. Then the KS secular equation is solved. The resulting KS orbitals are
then employed to reevaluate the effective potential based on the new density,
which is in turn employed to solve the KS equation at the second iteration and
this procedure is repeated until self-consistency is reached (see Fig. 2.1).
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Figure 2.1: A sketch of the iterative self-consistent procedure employed to solve
the KS equation. Initially, a guessed electronic density is used to evaluate the
effective potential (electron density as a sum of atomic densities for an initial
given nuclear configuration, for instance) and then to solve KS equation. The
KS orbitals obtained from the previous step are used to compute a new density
and subsequently a new effective potential. The new effective potential is
plugged again into the KS problem and so on until convergence is reached.

2.1.1 Plane waves basis set

KS orbitals (ϕi) can be expanded in basis functions, which turns the solution
of the KS secular equation into an algebraic eigenvalue equation. Expanding
the KS orbitals in plane waves makes the calculation of the Hartree potential
VH and the exchange-correlation energy Exc straightforward. This choice for
a periodic system reads:

ϕi,k =
∑

G

ci,k(G)
1√
Ω
ei(k+G)·r =

∑

G

ci,k(G) |k+G⟩ (2.8)

where ci,k(G) are the expansion coefficients, G are the reciprocal lattice vec-
tors and Ω is the volume of the system. In practical calculations, the basis set
is truncated at a given cutoff Ecut and hence, only plane waves with kinetic
energies ℏ

2(k+G)2

2me
smaller than the cutoff are included in the basis set. The

value of the cutoff is optimized in order to converge the physical quantities
under investigation.

In a periodic system the potential is periodic and it can then be expanded
in plane waves as well as:
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VHxc =
∑

G

VHxc(G)eiG·r (2.9)

where VHxc=VH+Vxc and VHxc(G) is given by:

VHxc(G) =
1

Ωcell

∫

Ωcell

drVHxc(r)e
−iG·r (2.10)

Then, the KS eigenvalue problem (Eq. 2.2) turns into an algebraic expres-
sion:

∑

G′

⟨k+G| ĤKS |k+G′⟩ ci,k(G′) = ϵi,kci,k(G) (2.11)

where the matrix elements of the Hamiltonian are given by:

⟨k+G| ĤKS |k+G′⟩ = ℏ
2(k+G

′)2

2me

δG,G′ + VHxc(G−G
′) + ⟨k+G|Vext |k+G′⟩

(2.12)

2.1.2 Pseudopotentials

First-principles calculations including all electrons are very demanding. How-
ever, since most of the physical and chemical properties of interest depend
only on the valence electrons, one can exploit pseudopotentials [116], which
substitute the Coulomb interaction between the valence electrons and the ion
(core electrons and nucleus) with an effective potential Vps(r). This effective
potential acting on the valence electrons is smoother than the Coulomb poten-
tial due to the nucleus, as it incorporates both Coulomb interactions with the
nucleus and the core electrons and the Pauli repulsion interaction between core
and valence electrons (see Fig. 2.2). The resulting effective potential can be
expanded in plane waves with a kinetic energy cutoff lower than that required
for the original Coulomb potential with the nucleus. The pseudopotential acts
on pseudo KS orbital and hence the KS equation (2.2) for an atom reads:

ĤKSϕ
PS
i (r) = (

−1

2
∇2

r + VPS(r) + VH + Vxc)ϕi(r)
PS = ϵiϕ

PS
i (r) (2.13)

The pseudo KS orbital ϕPS is built from the all-electron wavefunction out-
side the core region, up to a given cutoff radius (rc) which in joint with a
smoother function inside the core region. The pseudopotential Vps is obtained
by inverting Eq. 2.13 with ϵi equal to the all-electrons solution of the atomic
problem.
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Figure 2.2: A comparison between a long-range 1
r

potential and a smoother
pseudopotential and their corresponding wavefunction.

2.1.3 The hybrid Gaussian and plane waves method

Electronic structure calculations based on DFT employing pseudopotentials
and KS orbitals expanded in plane waves have achieved great success in the
prediction of the properties of condensed matter systems. This method dis-
plays several advantages: the solution of the Poisson equation is very simple
with plane waves, the basis set is unbiased and does not depend upon the
atomic coordinates which makes the evaluation of the derivatives of the energy
simpler. Moreover, this basis set allows employing the fast Fourier transform
techniques and testing the convergence in a simple way. However, this basis
also features some drawbacks, as the size of the basis set is typically large,
which makes the calculation demanding.

On the other hand, one might use a Gaussian type atomic basis set for the
expansion of the KS orbitals, which is typically smaller than the plane wave
basis set. The Gaussian basis set is local and it depends on the number of
atoms and not on the system volume, as it is the case for the plane waves
basis. However, this basis set is not orthogonal, depends explicitly on the
atomic positions and requires a solution of the Poisson equation in the real
space which is more demanding than in the reciprocal space.

A way to merge the benefits of the two approaches is the so-called hybrid
Gaussian and plane waves method [117] in which KS orbitals (ϕi) are expanded
in a Gaussian basis set and the electronic density is expanded in plane waves
basis as:

ϕi(r) =
∑

µ

ciµψµ(r) ⇒ n(r) =
1

Ω

∑

n(G)eiG·r =
∑

ij

Pijϕi(r)ϕj(r) (2.14)
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where ψµ(r) are Gaussian-like orbitals, ciµ are the expansion coefficients, n(r) is
the electronic density, Ω is the volume and Pij =

∑

µ ciµcjµ is an element of the
density matrix. Once the KS orbitals are determined in the Gaussian basis set,
also the electronic density can be evaluated on a grid in the reciprocal space.
Then, each term of the energy can be computed within the representation
which minimizes the computation effort. Hence the DFT total energy in this
hybrid method is given by:

E[n] = E[T ] + EeI [n] + EH [n] + Exc[n] (2.15)

=
∑

ij

Pij ⟨ϕi(r)| −
1

2
∇2

r |ϕj(r)⟩+
∑

ij

Pij ⟨ϕi(r)|V PP
loc |ϕj(r)⟩

+
∑

ij

⟨ϕi(r)|V PP
nl |ϕj(r

′)⟩+ 2πΩ
∑

G

n(G)∗n(G)

G2

+

∫

drn(r)ϵxc(n(r))

where EeI [{ϕi}] is the electron nuclei interaction and has been split into its
local V PP

loc and non-local V PP
n terms coming from the pseudopotential. In this

hybrid scheme, the pseudopotentials are obtained as a linear combination of
Gaussian functions as well [118, 119].

2.1.4 Brillouin zone integration

In solid state physics, several properties of a system are obtained by integrating
over the Brillouin zone (BZ). Numerically, this integration is performed over
a discretized mesh. Therefore, the integral is substituted by a sum over a set
of k-points. By exploiting the symmetry of the system, only k-points laying
in the irreducible Brillouin zone are considered, which allows reducing the
computational effort of the calculation. Each point of the k-mesh within the
irreducible BZ is weighted according to its multiplicity, which is given by the
symmetry operations of the point group. Therefore, a generic physical quantity
(A), which depends on the integration over the BZ can be evaluated as:

A =
1

Ω

∫

BZ

a(k)dk −→ 1

Nk

BZ
∑

k

a(k) =
IBZ
∑

k

wka(k)

where wk is the weight of the k-th point. The KS equation is actually solved
for each k-point in the mesh. As for the energy cutoff, the size of the k-point
mesh must be tuned to guarantee the convergence of the physical quantity of
interest. In this work, the Monkhorst-Pack method [120] was used to generate
an optimal k-point mesh for integrations over the BZ.
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2.2 Lattice dynamics from finite displacements

As discussed above, within the BO approximation the dynamics of nuclei and
electrons are decoupled. First, the electronic eigenproblem is solved. The
resulting ground state energy Eelec.({R}) (also known as Born-Oppenheimer
energy surface) depends parametrically on the nuclear positions {R} and it
corresponds to the interaction potential among the nuclei. So the force acting
on the j-th atom is given by:

Fj = −∂Eelec.({R})
∂Rj

(2.16)

Then, it is possible to go further and compute the vibrational frequencies
and the corresponding displacement patterns via the hessian of the BO poten-
tial energy surface at equilibrium condition ( Fj = 0 ∀j) such that:

det
∣

∣

∣

1
√

MiMj

∂2E({R})
∂Ri∂Rj

− ω2
∣

∣

∣
= 0 (2.17)

The matrix elements ∂2E(R)
∂Ri,α∂Rj,β

can be evaluated by computing numerically
the derivative of the force acting on the i-th atom due to a finite atomic dis-
placement (u) of the the j-th atom along Cartesian direction α.

To construct the full dynamical matrix, 6N single point energy calculations
are required. Within this method the dynamical matrix is accessible at the
suepercell Γ-point only.

2.3 Bond polarizability model

From DFT phonons we computed the Raman spectra within the semiempirical
Bond Polarizability Model (BPM) as discussed below.

The differential Raman cross section per unit volume in non-resonant con-
ditions is given by:

d2σ

dΩdω
=
∑

j

ω4
s

c4

∣

∣

∣
esRjei

∣

∣

∣

2(

nB

(

ℏω

kbT

)

+ 1
)

δ(ω − ωj) (2.18)

Where ωs is the frequency of the scattered light, nB is the Bose factor and
ei (es) is incident (scattered) polarization vectors. Rαβ

j is the element of the
Raman tensor associated with the j-th phonon given by [62]:

Rαβ
j =

√

V0ℏ

2ωj

N
∑

k=1

∂χ∞
αβ

∂Rk

· e(j, k)√
mk

(2.19)
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where α and β are Cartesian indexes, V0 is the cell volume, ωj is the frequency
of the j-th phonon, χ∞ is the electronic susceptibility, Rk is the coordinate of
the k-th atom with a mass mk and e(j,k) is the eigenvector of the dynamical
matrix corresponding to the j-th phonon. For insulators, the Raman tensor can
be computed by electronic structure calculations from the electronic suscepti-
bility, whose derivatives in turn can be calculated by finite differences moving
the N atoms independent by symmetry. Thus, in order to compute the Ra-
man tensor, one should perform 6N ab initio linear response calculations. For
large systems, this approach is too demanding. An alternative semi-empirical
approach is provided by the Bond Polarizability Model (BPM) [121] which
assumes that the electronic susceptibility can be written as a sum of bond
polarizabilities:

χ∞ =
1

V0

∑

i

αi (2.20)

where αi is the polarizability tensor of the i-th bond, whose elements are given
by:

αi
αβ = αi

∥d̂
i
αd̂

i
β + αi

⊥(δαβ − d̂
i
αd̂

i
β) (2.21)

where d̂
i is the direction of i-th bond, α∥ is the longitudinal polarizability, α⊥

is the transversal polarizability. Then, the Raman tensor can be computed by
taking the derivative of Eq. 2.21 which reads:

R =
1√
V0

∑

i

α̃i,λ (2.22)

where α̃i,λ is the derivative of the polarizability of the i-th bond with respect
to the displacement caused by the λ-th phonon. Assuming that αi depends
only on the bond length, the derivative α̃i,λ can be written as

α̃i,λ =
∑

α,β

αi
∥ − αi

⊥

di
· (ui,λα d̂

i
β + ui,λβ d̂

i
α − 2(ui,λ · d̂i)d̂iαd̂

i
β)

+ (α′ i
∥ − α′ i

⊥ ) · (ui,λ · d̂i)d̂iαd̂
i
β + α′ i

⊥ (ui,λ · d̂i)δαβ

(2.23)

where α′
∥ (α′

⊥) is the derivative of α∥ (α⊥) with respect to the bond length and
u
i,λ is the displacement of the atoms forming the i-th bond caused by the λ-

th phonon. Equation 2.23 shows that BPM needs three parametersm namely
α∥−α⊥, α′

∥ and α′
⊥ for each chemical bond in the system. The parameters for

the BPM have been obtained for GST alloys in Ref [122] by fitting the DFT
Raman spectra. The same parameters have been used in this thesis for Ge-rich
GST alloys.

2.4 Molecular dynamics

Molecular dynamics is a computational method [123], which allows studying
the evolution of a system of atoms numerically treating them as classical par-
ticles. Given an initial state (coordinates and momenta) of the system and the
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interaction potential (force field) by discretizing the time scale Newton’s equa-
tions of motion are integrated numerically. The choice of the force field, which
drives the evolution of the system, might limit the system size and the accuracy
of the computed properties. Empirical force fields, for instance, allows simu-
lating large systems, up to a few millions of atoms for several microseconds.
However, they are typically designed to reproduce a few properties and their
reliability beyond these properties might be questioned. On the other hand,
parameters free force-fields based on first principles methods are typically very
demanding and limited to a few hundreds of atoms and simulations long up to
nanoseconds.

The equation of the motion of each atom is integrated numerically consid-
ering a discrete timestep (∆t). There are several algorithms for the integration
of the equation of motion. In this work, we employ the velocity Verlet algo-
rithm [124] in which positions and velocities at the (n+1)-th timestep are given
by:

r(t+∆t) = r(t) + v(t)∆t+
1

2
a(t)∆t2 (2.24)

v(t+∆t) = v(t) +
a(t) + a(t+∆t)

2
∆t

where r is the coordinates vector of the i-th atom, v is the velocity and a is
the acceleration evaluated from the force field. This algorithm provides stable
numerical trajectories and has been shown to guarantee time reversibility and
preserve the symplectic properties of the Hamiltonian with less error propaga-
tion with time compared to other methods.

In this thesis we performed both MD simulations with force fields (machine
learning interatomic potential) and DFT MD in which the forces on ions are
obtained at each step by solving the electronic problem within DFT.

2.5 Neural networks

The DFT scheme outlined in the previous sections is limited to the simulations
of a few hundred atoms for at most a few ns. In the last 15 years, the scope
of DFT simulations has been enlarged thanks to machine learning techniques
following the seminal paper by Behler and Parrinello [18] which has shown that
interatomic potentials with accuracy close to DFT methods can be achieved
by fitting a large DFT database with a Neural Network (NN) method. In the
following, we discuss the NN scheme that we used to generate a NN potential
for the GST225 compound.

Artificial Neural Networks (NN) are a subclass of machine learning (ML)
techniques, which in turn is a subclass of Artificial Intelligence (AI). AI is the
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intelligence (or rationality) of a machine, which mimics the natural cognitive
ability of natural intelligence associated with the human brain for instance.
The goal of AI applications is to construct a model capable of inferring, pre-
dicting, sensing the environment, recognizing, classifying and decision making
despite not being explicitly programmed to do that. This desire is motivated by
considering that natural intelligence works in a completely different way from
conventional computers and, very often, the brain is faster and more efficient
(recognizing a familiar face, for instance) than the most powerful computer
present nowadays. Indeed, NNs inspired by biological brains have reached
a mature stage of development and are extensively employed in our every-
day lives in facial recognition, self-driving cars, healthcare, market prediction,
weather forecasting and many other applications. NNs have been also proven
to be universal approximators capable to fit continuous, real-valued functions
of any dimension to an arbitrary accuracy [125].

NNs were born in an attempt to emulate a nervous system [126]. Indeed, a
general definition of NNs could be: a machine (hardware or software) modeled
on the human brain and nervous system, which is capable of information pro-
cessing according to its dynamical evolution as a response to an initial input.

NNs can be implemented with electronic components in hardware or sim-
ulated with mathematical models. The latter is the type of NNs used in this
work. There are also several types of NNs differing on the learning procedure
(supervised and unsupervised learning) and the architecture of the network
itself. In this work, we are interested in NNs for fitting applications, which
belong to the class of supervised learning and it is capable to infer and per-
form computations once a model is trained. These NNs acquire knowledge
from some source and store it in the synaptic weights of the artificial neurons
(the building block of the nervous system). The procedure used to build a NN
model is the learning process and consists of tuning the synaptic weights of the
network in order to attain a desired objective function. The learning process
can be summarized in the following four steps:

(1) data collection
(2) model selection
(3) training
(4) validation

In our work, we employ NNs as a universal approximator to fit the poten-
tial energy surface (PES), which is a high dimensional continuous real-valued
function aiming to generate an interatomic potential of a system. The idea
is to fit a large database of DFT energies and forces to generate a classical
interatomic potential with an accuracy close to that of the DFT level of the-
ory. This NN interatomic potential can be used later to drive MD simulations
without solving the demanding electronic problem at each time step.
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NNs are not the only choice for this task. Indeed, several other options exist
such as kernel-based methods [127], splines [128], multivariate Taylor expan-
sions [129], fitting DFT data by an empirical analytical form of the potential
energy and several others. However, most of these methods fail in the case of
high dimensional functions, which is the case of PES of a model with several
atoms, due to the so-called curse of dimensionality. In fact, by increasing the
dimensions of a function, the space to explore increases exponentially. In the
case of limited datasets for the fitting procedure, these data become sparse,
which results in a bad representation of the function. NNs are less prone to
suffer from this problem thanks to their flexibility. Indeed, biological nervous
systems are known to be plastic and this plasticity allows them to adapt to
their surrounding environment and it turns out to be essential for the function-
ality of the neurons to process information. In turn, artificial NNs inherit the
plasticity of their natural counterpart as they have been thought to emulate
natural behavior.

2.5.1 Feed-forward neural network

Most of the NN interatomic potentials methods proposed so far are based on a
class of NN called feed-forward NN. In this framework, the information (atomic
coordinates or atomic descriptors in our case) flows within the network from
the input layer through the intermediate layers used to approximate the desired
function f(x) (PES in our case), and finally to the output y (energy in our case)
without any feedback connection to the output of the network to itself. This
choice results in a deterministic function of the only input. More specifically,
a feed-forward NN model can be represented by several layers with only one
input layer and one output layer. Each layer contains several nodes. Each node
is essentially a nonlinear function (also known as an activation function) and
these nodes are fully connected. The connections between the nodes emulate
the synapses of the brain and their weight controls the synaptic activity. Each
node receives a linear combination of signals from the nodes in the previous
layer in the NN. The resulting signal is the input of the nonlinear function,
which controls the response of this neuron and hence the signal transmitted to
the subsequent layer in the NN. Therefore, NN is essentially a representation
of a nonlinear mapping from the input variables to the output. A sketch of
sample feed-forward NN is shown in Fig. 2.3.
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Figure 2.3: An illustration of a simple feed-forward NN model with two hidden
layers.

The layers concatenated between the input layer and the output one are
called hidden layers. The number of the hidden layers has to be determined
for each model as well as the number of nodes of each layer. The nodes in the
hidden layers provide the flexibility of NNs. As shown in Fig. 2.3, each node is
connected to nodes in the previous and the following layers. These connections
are called weights and each connection (wi−1,i

j,k ) controls the response strength
of the node to the input coming from the one in the previous layer. In each
node, before applying the activation function to the weighted signal from the
previous layer, it is possible to apply a bias (bij). Therefore, the output of the
j-th node in the i-th layer can be written as

xij = bij +
∑

k

wi−1,i
j,k · xk ⇒ yij = f i

j(x
i
j) (2.25)

where f i
j is a nonlinear function, k runs over the nodes in the (i− 1)-th layer.

This is done for each node in the layer. Then, the outputs of a layer are trans-
mitted to the following one in the network until the output layer is reached.
Hence, the NN in Fig. 2.3 can be described by the following functional form:

E = f 3
1

(

b31+
3
∑

i=1

w2,3
i,1 +f

2
i

(

b2i+
4
∑

j=1

w1,2
j,i w

1,2
j,i f

1
j

(

b1j+
3
∑

j=1

w0,1
k,jw

0,1
k,jxk

)))

(2.26)

As anticipated, the activation functions are typically nonlinear. For this
purpose, there are several possible choices such as exponential, Gaussian,
trigonometric, sigmoidal and hyperbolic functions. These functions converge
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to a constant number for very small or large input, which guarantees the sta-
bility of the NNs. However, their output is limited to a region, which is not
necessarily that of the output values of the desired function. Therefore, one
might employ a linear activation function for the output layer, data normal-
ization techniques or shift the activation functions.

The number of parameters of the network (weights and bias) increases with
the number of nodes and layers in the network itself, which increases the flex-
ibility of the network and its capability to fit complicated functions. However,
increasing the parameters of the network might lead to overfitting or learning
degradation. Therefore, the number of hidden layers and nodes per layer needs
to be tuned in order to guarantee the quality of the model.

The value of the weights and bias is determined in an iterative procedure
during the learning process and they determine the ability of the NN to de-
scribe the function to be fitted.

For the learning process, the error backpropagation algorithm is used. In
this algorithm, a loss function (also known as fitness function) is used to evalu-
ate the quality of the prediction of NNs model and subsequently the optimiza-
tion of the weights. For instance, a loss function could be the sum of squares
errors between the prediction and the reference output of the function:

L(yref , yNN) =
1

N

∑

i

(yref,i − yNN,i)
2 (2.27)

where yref,i is the reference output of the i-th data point, yNN,i is the predicated
output and N is the number of data points in the dataset. As the activation
functions of the NN are differentiable, so is the loss function is differentiable
with respect to yNN,i and yNN,i is differentiable with respect to the parameters
of the network using the chain rule. This allows minimizing the loss function
(the error) by minimizing its derivative with any optimization method. In this
work, we used the stochastic gradient descent algorithm [130] which consists
of an iterative process in which the error is propagated backwards through the
NN, the parameters are tuned, the model is reevaluated and so on until the
optimization reaches a reasonable approximation.

As already discussed, by increasing the flexibility of the NNs, the learning
process might result in overfitting. This happens when the model performs very
well on the dataset points and poorly in the regions of the configurations spaces
uncovered by the database, which corresponds to memorizing the database
and not learning from it. In Fig. 2.4 we show the result of overfitting in
the case of a simple polynomial fit (for the sake of visualization) where it
is clear that the fitted-model predicts perfectly the dataset points and loses
accuracy in the unvisited regions. In the poorly described regions, we can
clearly see several fictitious local extremes. In high-dimensional functions with
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sparse datasets, this problem is more pronounced. The overfitting might be
avoided by separating a fraction of the dataset (testing set) and using this
set to evaluate the quality of the model in the unvisited regions during the
optimization process. As far as the errors on the data points employed for
the optimization (training set) and the test set are the same, no overfitting
issues are supposed to be present. Moreover, one might tune the so-called
learning rate of the NNs during the optimization to slow down the evolution of
the parameters as the learning process proceeds. This allows the parameters
to change rapidly only during the early stage of training in order to find an
optimal parametric region in the parameters space. After that, the parameters
are allowed to change marginally to tune the finer details of the NNs without
changing dramatically the model to prevent overfitting.

Real function 

Fit

Data

x

y

Figure 2.4: A schematic illustration of the overfitting of the desired function.
Regions covered by the database are well described by the model. As far as
the model exits these regions, the inference quality drops abruptly.

Residual neural network

Deep feed-forward NNs with a large number of hidden layers are tough to be
optimized and suffer from learning degradation (see Fig. 2.5), vanishing gra-
dients during the optimization and information loss through the network. For
example, the learning degradation (also known as accuracy saturation) occurs
when models with more layers display higher training errors than models with
fewer layers. In order to deal with these problems, residual neural networks
[131] (which are a subclass of feed-forward NN) have been proposed. Residual
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NNs have skip connections (highway for the information) between layers, which
allows a better propagation of the information in deep architectures. Mathe-
matically, the residual connections correspond to the identity operation, hence,
no more parameters in the network are required for their implementation. An
illustration of the residual connections is shown in Fig. 2.6 and the resulting
functional form of a node with a residual connection is similar to Eq. 2.25 and
reads:

yij =
∑

k

xk + f(bij +
∑

k

wi−1,i
j,k · xk) (2.28)

Figure 2.5: Training error (left) and test error (right) on NN models with 20
and 56 layers. The deeper network exhibits higher training and test error due
to the learning degradation phenomena. Taken from [131].

Figure 2.6: A schematic representation of a residual connection. Adapted from
[131].

2.5.2 Neural network for potential energy surfaces

Today, there are several flavors proposed for NNs as approximators of the PES
by fitting databases obtained from electronic structure calculations. The very
first NN method for a condensed matter system was proposed by Blank et
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al. [132] in the mid ’90s. This work explored an interpolation method for
low-dimensional PES of molecular systems to build an interatomic potential
starting from a small dataset (or examples) with a feed-forward NN. The input
(also known as descriptors) of the network was the position and the orientation
of a molecule on a surface while the output was the total energy of the system.
However, this first approach had a huge limitation as the NN was optimized
for a fixed number of degrees of freedom (fixed number of atoms). Hence, once
the network is optimized it is not possible to study systems of different sizes. A
step forward to relax the limitations of this NN method by extending the NNs
to high-dimensional ones was proposed in Ref. [133] with an analytical form
similar to that of Tersoff [134] potential. The improvement of this new scheme
is due to the factorization of the total energy into atomic energies, which
allows addressing an arbitrary system size. Even if the number of inputs of
the network is still fixed, the local environment of each atom can be evaluated
separately to compute its atomic energy and therefore the total energy is given
by:

E =
∑

i

Ei (2.29)

where E is the total energy, i is the atomic index and Ei is the atomic energy
(the outputs of the modified Tersoff potential). The accuracy of this scheme is,
however, limited as the functional form chosen considers only a few neighbors
for each central atom and it displays low flexibility to address the possible
chemical bonding variations. A few years later, a generalized neural-network
method has been proposed by Behler and Parrinello [18], which inherits the
idea of factorizing the energy into atomic contributions and improves the de-
scription of the atomic environments. In fact, in all the previous works the
input of the NN (atomic descriptors) was typically inspired by the problem
which caused limitations of the method and broke some physical symmetries
(i.e. permutation, translational and rotational). The work of Behler and Par-
rinello [18] addressed this problem by suggesting generalized descriptors called
symmetry functions Gi.

The symmetry functions proposed in Ref. [18] encode in a smooth man-
ner the local chemical environment up to a given cutoff (rc) according to the
following cutoff function:

fc(rij) =

{

0.5[cos(
πrij
rc

+ 1) for rij < rc

0 for rij > rc

where rij =|−→ri − −→rj |, i is the central atom and j is a neighboring atom. The
symmetry functions proposed in the Behler-Parrinello scheme include radial
and angular information about the arrangement of neighbors around the cen-
tral atoms and they belong to the two families two-body radial and three-body
angular symmetry functions which were built in such a way that:
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(1) Two structures with different energies give rise to different sets of symmetry function values.
(2) Symmetry functions yield the same set of values for identical local environments.
(3) The size of the input vector of the NN is independent of the number of neighboring atoms.
(4) The symmetry functions are invariant with respect to translation, rotation, and permutation.

With this in mind the following radial symmetry function was proposed in
Ref [18]:

GR
i =

all
∑

j ̸=i

e−η(rj,i−rs)2fc(rj,i) (2.30)

where rj,i = rj − ri, η and rs are Gaussian parameters. The angular symmetry
function is given instead by:

GR
i =

all
∑

k,j ̸=i

(1 + λ cos θijk)e
−η(r2j,i+r2

j,k
+r2

k,ifc(rj,i)fx(rj,k)fx(rk,i) (2.31)

where θijk =
rj,irk,i
rj,irk,i

, λ, η, and ζ are parameters to be optimized for each symme-
try function (also for the radial one) during the development of the interatomic
potential. However, the symmetry functions proposed in Ref. [18] have some
drawbacks. For instance, the number of symmetry functions required as input
increases exponentially with the number of chemical species of the system of
interest. The optimization of such a large number of symmetry functions is
not a straightforward task. Indeed, a few years after Behler and Parrinello,
Bartók et al. suggested new descriptors (bispectrum of the neighbor density)
[127], which depend only on the raw coordinates of the atoms to reduce the
human intervention for the development of NNs potential by only interpolating
atomic energies. In the last decade, a lot of effort has been dedicated to the de-
velopment of atomic environment descriptors and several have been proposed,
such as the smooth overlap of atomic positions and the Coulomb matrix, just
to name a few [135, 136].

For the development of NN interatomic potential for GST225 in this work,
we have employed the automatically generated descriptors proposed in the
novel approach "End-to-end Symmetry Preserving Interatomic Potential En-
ergy Model" as implemented in the DeePMD kit [23, 24, 137]. This scheme
exploits a feed-forward NN as it is the case for Ref. [18, 132], but the task
of optimizing the symmetry functions is bypassed by fitting one or more NNs
(known as embedded networks) whose output is the set of descriptors used as
input of another NN, which fits the PES. Embedded networks are built as to
preserve all the physical symmetries, as we will see later, and to reduce the
complexity of developing NN interatomic potentials.

2.5.3 End-to-end neural network potentials

In "End-to-end Symmetry Preserving Interatomic Potential Energy Model"
framework implemented in the DeePMD code, a general representation of the
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PES based on the raw atomic coordinates has been proposed to reduce the
human intervention (and effort) in developing NN interatomic potentials.

Given an atomic configuration with N atoms, r = {r1, ..., rj, ..., rN} is the
set of atomic coordinates. The local environment matrix of the i-th atom,
which includes the Nrc(i) neighbors up to a given cutoff rc, is defined as:

R
i = {r̃T1,i, ..., r̃Tj,i, ..., r̃TNrc(i),i} , r̃j,i = {S(rj,i), x̂j,i, ŷj,i, ẑj,i} (2.32)

where rj,i = rj − ri, j is the index of the neighboring atom (1 < j ≤ Nrc(i)),
x̂j,i =

xj,i

rj,i
(similarly ŷj,i and ẑj,i) and S(rj,i) is a smoothing function given by:

S(rj,i) =











1
rj,i

for rj,i < rcs
1

rj,i
{1
2
[cos(π

rj,i−rcs

rc−rcs
+ 1

2
)} for rcs < rj,i < rc

0 for rj,i > rc

(2.33)

where rcs is an internal cutoff. Hence the smoothing acts only in the region
included between the two cutoffs and S(rj,i) goes to zero at the external bound-
ary of this region.

Note that the local environment matrix R
i ∈ R

Nrc (i)×4. The first compo-
nent of r̃j,i contains the radial information between the two atoms while the
other three components contain the angular ones. Moreover, note that the
size of Nrc(i) changes from atom to atom depending on its local environment.
As R

i is the input of the embedding network and NNs have a fixed number
of input nodes, the size of Ri is fixed for all atoms to Nm = max(Nrc(i)) in
the database. In the case of atoms with a number of neighbors less than the
chosen maximum, the extra rows are padded to zero.

The neighbors in the local environment matrix are ordered from the nearest
to the most distant one. This choice preserves the permutation symmetry by
construction in the case of a single chemical species system. For multi-chemical
species systems, the neighbors are ordered considering also their chemical ele-
ments. Hence, for the first chemical species all neighbors are sorted according
to their distance from the central atom, then the second chemical species and
so on, as you can see in Fig. 2.7. In Fig. 2.7 we show also an example in the
case of a number of neighbors less than Nm. Moreover, besides the permu-
tation symmetry, the local environment matrix preserves also the translation
symmetry as it contains only information about the distances between the i-th
atom and its neighbors.
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Figure 2.7: Schematic representation of the local environment matrix construc-
tion in a system with two chemical species. The neighbor list of each atom
in the system (left) is ordered in the formatted neighbor list (right): first, by
the chemical species (yellow and red) and then for each chemical species, the
atoms are sorted according to their distance. If there are fewer atoms than the
maximum number of the neighbors of that chemical species the components
of the vectors in excess are set to zero (white squares). Taken from [138].

The local environments, as defined earlier, are the input of the embedded
networks, which generates as output the embedding matrix gi(Ri). Then em-
bedding matrices are used to compute the actual descriptors {DI(gi(Ri))} of
the local environment, where I is the index of the embedding network, as we
could use more than one embedding network to describe the system. These
descriptors in turn are the input of the fitting network F({DI(gi(Ri))}), which
provides the atomic energy, and hence the total energy is given by:

E =
∑

i

F ({DI(gi(R
i))}) (2.34)

In this thesis, we have employed two types of embedding networks: the
two-body embedding, which encodes the information in the network through
the column containing {S(rj,i)} of the local environment matrix, and the three-
body embedding, which encodes the information via the angle formed by two
neighbors, as will be discussed later.

Once the set of descriptors are constructed, they are concatenated and flat-
tened in a 1D vector, which is the input of the fitting network. The fitting
network is a simple fully connected network as that discussed in Sec. 2.5.1
with the possibility to exploit the residual connections. The hidden layers
have a hyperbolic tangent activation function while the output layer has a
linear transform that maps the input from the previous layer into a scalar.
The network parameters, together with those of the embedding networks, are
optimized with the stochastic gradient descent according to the ADAM algo-
rithm [130], where at each iterative step the network is optimized considering
a randomly shuffled batch of configurations from the database. During the op-
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timization the weights of the network are updated according to the following
loss function:

L =
1

Nb

∑

k∈Nb

(
1

N
pe|Ek

NN−Ek
ref |2+pf

1

3N

∑

iα

|F k,iα
NN −F k,iα

ref |2+pτ
1

9

∑

αβ

|τ k,αβNN −τ k,αβref |2)

(2.35)
where Nb is the batch size, k is the index of a configuration within the batch,
i is the index if the i-th atom in the k-th configuration, α and β are Cartesian
indexes. ENN is the total energy of a system predicted by the NN while Eref

is the reference energy, similarly F k,iα, which are the components of the forces
vectors and τ k,αβ, which are the components stress tensor. Finally, pe, pf and
pτ are hyperparameters, which control the relative importance of each term
in the loss function and they correspond to the energy term, forces term and
virial term. The prefactors evolve during the learning process according to the
following function:

pα(t) = pαlimit[1−
rl(t)

r0l
] + pαstart[

rl(t)

r0l
] (2.36)

where α stands for e, f and τ , pαstart and pαlimit are the desired initial and final
values of the prefactor, r0l is the starting learning rate and rl(t) is the learning
rate at the t-th step of optimization, where the evolution of the learning rate
is given by:

rl(t) = r0l k
t
td (2.37)

where k is the decaying rate and td is the decay constant.

Two-body embedding

The two-body embedding matrix of the i-th atom (g2i (R
i)) is a Nm x M2 whose

j-th row is given by:

(g2i )j = (G1(s(rj,i)), ..., GM2
(s(rj,i)) (2.38)

where G is the actual embedding network that fits the radial information of
the local environment matrix. G is a full connected deep NN with m+1 layers,
which maps the input s(rj,i) into M2 outputs. G can be expressed as shown
in Eq. 2.26 where the parameters (weights and bias) are optimized during the
training together with the fitting network.

With the local environment and two-body embedding matrices, the actual
descriptor is defined as:

D2
i =

1

N2
m

g2,subi Ri(Ri)
Tg2 (2.39)
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where g2,subi is a submatrix of g2i . A Schematic of the evaluation process of the
two body descriptors is shown in Fig. 2.8.

Figure 2.8: Schematic illustration of the two-body descriptor. Taken from
[139].

Besides the permutation and the translation symmetries, as discussed pre-
viously, D2

i preserves also the rotational one. Indeed, the definition of this
descriptor, given in Eq 2.39, depends only on the two-body embedding matrix
and the product of the local environment matrix (Ri(Ri)

T ). As anticipated,
the former depends only on the distance between atoms and hence it is invari-
ant with respect to the rotations. The latter, (Ri(Ri)

T ), is known to be an
overcomplete base, which is invariant with respect to rotation [140]. Therefore,
the resulting two-body descriptor preserves the rotational symmetry.

Three-body embedding

The three-body embedding matrix displays the same spirit as the two-body
embedding matrix with different input. Indeed, this matrix encodes the infor-
mation of the local environment considering the angle formed by two neigh-
boring atoms according to the following definition:

(θi)jk = (Ri(Ri)
T )jk = s(rj,i)s(rk,i)

rj,irk,i

rj,irk,i
(2.40)

which corresponds to the elements matrix of the inner product of the local
environment matrix with itself. The three-body embedding is a rank three
tensor and for the i-th atom (g3i (θi)jk) it is given by:

(g3i )jk = (G3
1((θi)jk), ..., G

3
M3

((θi)jk)) (2.41)
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where M3 is the output size of the G3 embedding net and similarly to G2, the
parameters of this embedding net are optimized during the learning process.
Again, the actual three-body descriptor D3 is a function of (θi)jk and g3i and
it is given by:

D3
i =

1

N2
m

Nm
∑

j,k=

(θi)jk(g
3
i )jk (2.42)

A schematic representation of the construction of the three-body descriptor is
shown in Fig. 2.9.

Figure 2.9: Schematic illustration of the three-body descriptor. Taken from
[139].

Similarly to D2, D3 preserves all the required physical symmetries as it has
been shown in Ref. [139] based on the arguments discussed for D2.
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Atomistic simulations of Ge-rich

GeSbTe alloys

Ge-rich GST alloys are promising candidates for embedded memories applica-
tions. These alloys display a crystallization temperature higher than that of
the prototypical GST225 compound as discussed in Sec. 1.3. The enhancement
of the amorphous stability has been ascribed to a non homogeneous crystalliza-
tion process resulting in the formation of crystalline Ge and less Ge-rich GST
alloys. The long scale mass transport of Ge involved in this process slows down
the crystallization process that leads to a high Tx. However, the resulting in-
homogeneity comes with several drawbacks for the operation of PCMs such as
a high cell-to-cell variability and a resistance drift with time in the SET state
of the memory. Although great efforts have been devoted to the elucidation
of the crystallization process of Ge-rich GST, many details are still unknown.
A better understanding of this process is, on the other hand, mandatory to
better tune the composition of the alloy to mitigate the detrimental effects of
the phase separation.

As a first attempt to better understand the decomposition process, we stud-
ied by DFT simulations the evolution of the structure of the amorphous phase
by increasing the Ge content. Secondly, we investigated the thermodynamics
of the decomposition reaction of non stoichiometric GST alloys into the crys-
talline products.

To study the evolution of the structural properties of the amorphous phase
of GST alloys we generated several DFT models with compositions along the
Ge-Sb2Te3 and GeSb-GST225 lines by quenching from the melt to 300 K. On
the other hand, to study the decomposition pathways of GST alloys we com-
puted the DFT formation free energy of the cubic crystalline phase for all
compositions in the central part of the ternary phase diagram. Then, with
this information, we computed the convex hull of the Ge-Sb-Te phase diagram
which is the 2D surface formed by the most stable compounds in the ternary
system. The vertical distance between the formation free energy of a given
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composition and the convex hull is a measure of the metastability of the alloy.
This information is then employed to compute the reaction free energy of the
decomposition reactions for any GST alloy, which provided information on the
compositions that most likely appear during the crystallization process.

In the first section of this chapter, we discuss the results on the amorphous
phase of Ge-rich GST alloys while in the second section we report the high-
throughput DFT study of the decomposition pathways of GST alloys in the
crystalline phase. The detailed analysis on the structural properties of the
amorphous phase reported in Sec. 3.1 and the thermodynamical data on the
decomposition process discussed in Sec. 3.2 will be exploited to propose a pos-
sible strategy for the optimization of the alloy composition as will be discussed
in Sec. 3.2.5.

Most of the results reported in Sec. 3.1.2 on the structural, electronic
and vibrational properties of Ge-rich GST alloys have been published in our
previous works [109, 141].

3.1 The amorphous phase of non stoichiometric

GeSbTe alloys

To investigate the evolution of the structural properties of non stoichiomet-
ric GST alloys with the fraction of Ge we chose compositions along the Ge-
Sb2Te3 tie-line and along the GeSb-GST225 line. More precisely, we modeled
Ge5Sb2Te3 (GST523), Ge4Sb2Te3 (GST423) and Ge3Sb2Te3 (GST323) which
were studied experimentally in Ref. [13] and display a Tx in the range be-
tween 500 and 570 K. Along GeSb-GST225 line, we considered the Ge2Sb2Te1
(GST221) to study the evolution of the structure with an equal enrichment of
Ge and Sb. Structural data of the amorphous phase of Ge1Sb1Te1 (GST111)
isoelectronic composition along the GeSb-GST225 are already available in lit-
erature [142] to be compared with GST221. In Fig. 3.1 we show the two
lines investigated here superimposed to the experimental map of Tx tempera-
ture from Ref. [13]. Note that henceforth, a GeXSbY TeZ composition will be
simply named GSTXYZ.

Page 56



CHAPTER 3. ATOMISTIC SIMULATIONS OF GE-RICH GESBTE ALLOYS

Ge

TeSb

0.2

0.4

0.6

0.8

0.8

0.8

0.6

0.6

0.4

0.4

0.2

0.2

GeTeGeSb

Sb2Te3

GST523

GST423

GST323

GST225

GST111

GST221

Figure 3.1: The compositions of the amorphous phase investigated here (red
symbols on the red dashed lines) in the ternary phase diagram. Compositions
investigated experimentally in Ref. [13] are shown by dots with a color assigned
by their Tx (color scale aside in ◦C).

3.1.1 Computational details

The models of amorphous GST alloys have been generated by quenching from
the melt in a cubic 216-atom supercell. In the lack of experimental data on
the density of the liquid and amorphous phases of non stoichiometric composi-
tions, we chose as initial density a value 8% lower than that of the theoretical
equilibrium density of the crystalline phase of the Ge-rich GST alloys, as it is
the case for GST225 [143]. To this end, we have first computed the equation
of state for the desired compositions in the crystalline phase where we have as-
sumed that Ge-rich GST alloys might exist in the cubic NaCl geometry. More
details regarding the initial configuration for our cubic models are discussed
in Appendix A. The crystalline models are also used to compute the decom-
position free energy as we will discuss in Sec. 3.2.

For the MD simulations, we used the CP2k package [144] which implements
the quickstep scheme for the solution of the KS equation (see Sec. 2.1.3). We
used the GGA exchange and correlation functional due to Perdew, Burke and
Enzerhof (PBE) [115] and norm conserving pseudopotentials due to Goedeker,
Teter and Hutter (GTH) [119]. The auxiliary basis set of plane waves was
expanded up to a kinetic energy cutoff of 100 Ry while KS orbitals were ex-
panded with Gaussian-type orbitals of a valence triple-zeta polarization basis
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set. The semiempirical correction due to Grimme [145] was used to include
van der Waals (vdW) interactions, as there is evidence that their inclusion is
important for a proper description of the structural properties of liquid and
amorphous GeTe and GST225 [146, 147]. The Brillouin zone integration was
restricted to the 216-atoms supercell Γ-point for the MD simulations and ge-
ometry optimization. Equilibrium geometries, densities and total energies at
zero temperature were obtained by full relaxation of the atomic positions and
cell edges. DFT molecular dynamics simulations in the BO approximation
were performed with a timestep of 2 fs. A similar framework was employed in
previous works on several other phase change compounds [74]. The liquid was
generated by heating the crystalline models (at a density 8% less dense than
the equilibrium density of the crystal) at 2000 K for 2 ps. Then the system
has been thermalized at 1000 K for other 2 ps. Finally, it has been quenched
in almost 100 ps to 300 K in constant pressure constant temperature (NPT)
simulations in order to get the equilibrium density at normal conditions. Only
isotropic changes of the cell were allowed in the NPT simulations. The system
was quenched by decreasing temperature in a stepwise manner from 1000 K
to 300 K according to the protocol shown in Fig. 3.2. The average volume of
a NPT simulation 3.5 ps long at 300 K yields the equilibrium volume of the
amorphous phase at the 300 K. Then, a NVT simulation 12 ps long was run
to compute the average structural properties at 300 K. Finally, the equation
of state at zero temperature was computed for each model by optimizing the
atomic positions for several volumes and by fitting the resulting energies with
a Birch-Murnaghan function [148]:

E(V ) = E0 +
9V0B0

16

{[

(
V0
V
)
2

3 − 1

]3

B′
0 +

[

(
V0
V
)
2

3 − 1

]2[

(6− 4
V0
V
)
2

3

]}

(3.1)

where E0 is the equilibrium internal energy, V0 is the equilibrium volume, B0

is the bulk modulus and B′
0 is the derivative of the bulk modulus with respect

to pressure. The resulting equation of state for Ge-rich GST alloys yield a
density of 0.0338, 0.0371, 0.0331, and 0.0323 atoms/Å3 for GST523, GST423,
GST323, and GST221.

The ground state configurations were employed to compute the phonon
frequencies, the electronic density of states and Raman spectra. The Raman
spectra are computed in the backscattering geometry with nonpolarized light
within the BPM [121] developed for GST alloys [122] (see Sec. 2.23) by em-
ploying the DFT phonons obtained numerically by finite atomic displacements
0.0053 Å large.

The electronic density of states (DOS) was computed by using the code
Quantum-Espresso (QE) [149] from KS energies broadened with a Gaussian
function with variance of 35 meV over a 10 × 10 × 10 k-point mesh.
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Figure 3.2: Evolution in time of the target temperature of the thermostat
in the quenching protocol for the generation of amorphous GST alloys. The
temperature jumps were 40, 50, and 70 K in the range 1000-720 K, 720-470
K and 470-400 K. Finally, the last simulation was carried out at 300 K. Each
simulation at constant temperature is 6.6 ps long.

3.1.2 Structural properties

The total and partial correlation functions of the amorphous GST alloys DFT
models along the Ge-Sb2Te3 and GeSb-Ge2Sb2Te5 at 300 K are compared in
Fig. 3.3.

The distribution of coordination numbers of Ge-rich GST alloys in the
amorphous phase, reported in Fig.3.4, were obtained by integrating the partial
pair correlation functions up to a bonding cutoff set to 3.2 Å for all pairs but for
the Sb-Te cutoff, which is set to 3.4 Å (see Fig. 3.3) for the sake of comparison
with previous work on GST225 [70] and GST111 [142], whose data are shown
in Fig. 3.4.
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Figure 3.3: Total and partial pair correlation functions of amorphous Ge-rich
GST alloys at 300 K. The dashed lines indicate the bonding cutoff used to
define the coordination numbers. a) Data for GST523, GST423, GST323 and
GST221. The figure is adapted from our previous work [109]. b) Data for
GST225 from Ref. [70] and GST111 from Ref. [142].
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Figure 3.4: a) Distribution of the coordination numbers of amorphous Ge-rich
GST alloys by using the bonding cutoff defined by the partial pair correlation
functions in Fig. 3.3. Figure taken from our previous work [109]. b) Data for
amorphous GST225 and GST111 taken from [70, 142].

The average partial coordination numbers for each atomic species for alloys
on Ge-Sb2Te3 and on GeSb-GST225 lines are given in Tab. 3.1 and Tab. 3.2.
Ge is mainly four-coordinated and Te is three-coordinated as it is the case for
GST225.

Table 3.1: Average coordination numbers for different pairs of atoms in amor-
phous Ge-rich alloys along the Ge-Sb2Te3 tie-line. Data taken from our previ-
ous work [109].

GST523

- Total With Ge With Sb With Te
Ge 4.06 1.82 0.83 1.41
Sb 3.88 2.04 0.88 0.96
Te 3.06 2.39 0.66 0.01

GST423

- Total With Ge With Sb With Te
Ge 4.01 1.31 0.91 1.79
Sb 3.80 1.82 1.00 0.98
Te 3.04 2.39 0.65 0.00

GST323

- Total With Ge With Sb With Te
Ge 4.00 0.82 0.96 2.22
Sb 3.85 1.43 1.07 1.35
Te 3.15 2.22 0.90 0.03
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Table 3.2: Average coordination numbers for different pairs of atoms in amor-
phous Ge-rich alloys along the GeSb-GST225 line. The data for amorphous
GST111 and GST225 are taken from our previous work Ref. [142].

GST221

- Total With Ge With Sb With Te
Ge 4.15 1.38 1.60 1.17
Sb 3.58 1.60 1.52 0.46
Te 3.18 2.29 0.89 0.00

GST111

- Total With Ge With Sb With Te
Ge 3.81 0.88 1.01 1.91
Sb 3.27 1.01 1.54 0.72
Te 2.65 1.91 0.72 0.02

GST225

- Total With Ge With Sb With Te
Ge 3.96 0.29 0.36 3.31
Sb 4.15 0.36 0.43 3.36
Te 2.97 1.33 1.34 0.30

The analysis of the bonding geometry in the amorphous phase obtained
from the bond angle distribution function (see Fig. 3.5) suggests the presence
of octahedral-like and tetrahedral geometries. Indeed, the broad peak at 90◦

and the weaker structure around 170◦ for Ge and Sb are typical features of
defective octahedral-like geometries while the peak around 109◦ for Ge atoms
is instead due to tetrahedral geometries.

 0

 5

 10

 15

 20

 50  90  130

P
(θ

) 
(a

rb
. 
u
n
it
s
)

a−Ge5Sb2Te3 

Total

 50  90  130

θ (deg.)

a−Ge4Sb2Te3

Ge

 50  90  130

a−Ge3Sb2Te3

Sb

 50  90  130

a−Ge2Sb2Te1

Te

Figure 3.5: Bond angle distribution function of amorphous Ge-rich GST alloys
at 300 K. The total distribution and the distributions resolved for the different
types of the central atom are shown. Taken from our previous work [109].

The fraction of the different types of bonds for each alloy along Ge-Sb2Te3
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and on GeSb-GST225 lines are given in Tab. 3.3. As expected, the fraction of
Ge-Ge homopolar bonds increases by increasing the fraction of Ge in the alloy.

Table 3.3: Percentage fraction (%) of the different types of bonds in Ge-rich
amorphous alloys along the Ge-Sb2Te3 and GeSb-GST225 lines. Data taken
from our previous work [109] and from Ref. [142] for GST111 and GST225.

GST523

- Ge Sb Te
Ge 24.4 - -
Sb 22.2 4.8 -
Te 37.9 10.5 0.1

GST423

- Ge Sb Te
Ge 15.9 - -
Sb 22.2 6.1 -
Te 43.7 11.9 0.1

GST323

- Ge Sb Te
Ge 8.4 - -
Sb 19.6 7.3 -
Te 45.6 18.5 0.3

GST221

- Ge Sb Te
Ge 14.7 - -
Sb 34.1 16.2 -
Te 25.0 9.7 0.0

GST111

- Ge Sb Te
Ge 9.1 - -
Sb 20.9 15.8 -
Te 39.2 14.8 0.2

GST225

- Ge Sb Te
Ge 0.9 - -
Sb 7.9 2.8 -
Te 43.4 45.1 4.1

The distribution of coordination environments for each species resolved by
coordination number in the amorphous phase of GST523, GST423, GST323,
and GST221 are shown in Tabs 3.4–3.7. The analysis of these local envi-
ronments indicates that, despite the large fraction of Ge-Ge homopolar bond
present in these alloys, no partial segregation of Ge is present because the
fraction of Ge-Ge4 environment is negligible.
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Table 3.4: Distribution of Ge, Sb and Te coordination environments for atoms
with different coordination number in amorphous GST523. Environments in
a fraction less than 1% are not reported. Taken from our previous work [109].

Central atom Coordination number
2 3 4 5

Ge: Ge2Sb 1.13% Ge4 2.01% Ge4Sb 1.55%
Ge2Te 1.18% Ge3Sb 3.77% Ge3SbTe 1.67%
GeTe2 4.34% Ge2Sb2 7.64% Ge2SbTe2 2.43%
Te3 1.26% GeSb2Te 7.28% GeSbTe3 1.86%

Sb2Te2 1.35% Ge3Te2 1.67%
Ge2SbTe 14.3% Ge2Te3 1.44%
GeSbTe2 11.5%
SbTe3 1.65%
Ge3Te 10.7%
Ge2Te2 10.4%
GeTe3 1.35%

Sb: Ge3 3.88% Ge4 6.27% Ge2Sb2Te 2.18%
Ge2Sb 12.1% Ge3Sb 9.79% Ge3SbTe 2.09%
GeSb2 5.74% Ge2Sb2 5.43% Ge2SbTe2 5.75%

GeSbTe 4.81% GeSb2Te 4.19% Ge2Te3 4.09%
Ge2Te 1.99% Ge2SbTe 6.75% GeTe4 1.12%
GeTe2 1.25% GeSbTe2 2.17%

Ge3Te 1.90%
Ge2Te2 7.59%
GeTe3 3.85%

Te: Ge2 11.9% Ge3 28.2% Ge4 7.55%
GeSb 3.60% Ge2Sb 29.4% Ge3Sb 5.30%

GeSb2 4.49% Ge2Sb2 4.76%
GeSb3 2.11%
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Table 3.5: Distribution of Ge, Sb and Te coordination environments for atoms
with different coordination number in amorphous GST423. Environments in
a fraction less than 1% are not reported. Taken from our previous work [109].

Central atom Coordination number
2 3 4 5

Ge: GeTe2 3.42% Ge4 1.39% Ge3SbTe 1.97%
SbTe2 3.09% Ge3Sb 3.19% Ge2SbTe2 2.55%
Te3 5.30% Ge3Te 4.43% GeSb2Te2 1.00%

Ge2Sb2 2.49% GeSbTe3 1.10%
Ge2SbTe 10.17% GeTe4 1.20%
Ge2Te2 8.69%

GeSb2Te 10.05%
GeSbTe2 7.84%
GeTe3 7.37%
Sb4 1.01%

Sb3Te 2.06%
Sb2Te2 3.23%
SbTe3 4.23%
Te4 3.67%

Sb: Ge3 1.35% Ge4 2.70% Ge5 1.40%
Ge2Sb 12.90% Ge3Sb 12.66% Ge3Te2 1.31%
Ge2Te 3.82% Ge3Te 4.45% Ge2SbTe2 1.61%
GeSb2 6.21% Ge2Sb2 4.01% Ge2Te3 1.27%

GeSbTe 2.80% Ge2SbTe 3.81% GeSb2Te2 2.59%
GeTe2 1.25% Ge2Te2 8.28% SbTe4 1.44%
Sb2Te 3.60% GeSb2Te 4.02%
SbTe2 1.82% GeSbTe2 3.55%

GeTe3 1.22%
Sb3Te 1.43%
Sb2Te2 1.26%
SbTe3 1.58%

Te: Ge2 9.262% Ge3 34.32% Ge4 6.11%
GeSb 5.998% Ge2Sb 23.98% Ge3Sb 4.74%

GeSb2 7.355% Ge2Sb2 4.02%
GeSb3 1.51%
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Table 3.6: Distribution of Ge, Sb and Te coordination environments for atoms
with different coordination number in amorphous GST323. Environments in
a fraction less than 1% are not reported. Taken from our previous work [109].

Central atom Coordination number
2 3 4 5

Ge: GeSbTe 1.88 Ge3Sb 2.46 Ge3SbTe 1.55
GeTe2 2.41 Ge2SbTe 8.86 Ge2SbTe2 2.18
SbTe2 4.79 Ge2Te2 3.72 Ge2Te3 2.28
Te3 8.52 GeSb2Te 4.57 GeSbTe3 2.00

GeSbTe2 9.53 GeTe4 2.31
GeTe3 9.79 SbTe4 2.50
Sb3Te 7.08
Sb2Te2 6.86
SbTe3 7.60
Te4 3.50

Sb: Ge2Sb 4.22 Ge4 3.12 Ge3Te2 2.00
Ge2Te 6.38 Ge3Sb 3.52 Ge2Sb2Te 1.11
GeSb2 3.71 Ge3Te 5.34 Ge2SbTe2 1.95

GeSbTe 6.25 Ge2Sb2 5.06 GeSb2Te2 2.36
GeTe2 2.43 Ge2SbTe 1.83 GeSbTe3 1.90
Sb3 3.75 Ge2Te2 3.17 GeTe4 1.96

Sb2Te 1.83 GeSb3 1.19 SbTe4 2.40
SbTe2 4.27 GeSb2Te 2.00

GeSbTe2 10.3
GeTe3 4.00
Sb2Te2 2.43
SbTe3 2.50

Te: Ge2 5.81 Ge3 27.9 Ge4 4.94
GeSb 3.23 Ge2Sb 26.7 Ge3Sb 7.82

GeSb2 9.11 Ge2Sb2 3.24
Sb3 2.52 GeSb3 3.96
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Table 3.7: Distribution of Ge, Sb and Te coordination environments for atoms
with different coordination number in amorphous GST221. Environments in
a fraction less than 1% are not reported. Taken from our previous work [109].

Central atom Coordination number
2 3 4 5

Ge: GeSbTe 1.05% Ge3Sb 4.55% Ge3Te2 1.40%
GeTe2 1.96% Ge2Sb2 12.81% Ge2Sb3 1.13%
SbTe2 1.50% Ge2SbTe 5.47% Ge2Sb2Te 2.82%
Te3 1.86% Ge2Te2 4.58% Ge2SbTe2 2.57%

GeSb3 7.69% GeSb3Te 1.57%
GeSb2Te 15.2% GeSb2Te2 1.61%
GeSbTe2 6.54% GeSbTe3 1.41%
GeTe3 4.28%
Sb4 2.25%

Sb3Te 1.86%
Sb2Te2 2.34%
SbTe3 1.67%

Sb: Ge3 5.28% Ge4 2.59% Ge4Sb 1.40%
Ge2Sb 9.94% Ge3Sb 4.97% Ge3Sb2 1.21%
Ge2Te 3.19% Ge3Te 2.68%
GeSb2 13.41% Ge2Sb2 10.37%
GeSbTe 6.45% Ge2SbTe 2.74%

Sb3 4.01% GeSb3 5.59%
Sb2Te 2.75% GeSb2Te 6.05%

GeSbTe2 2.06%
Sb3Te 1.67%

Te: Ge2 5.88% Ge3 21.34% Ge4 5.56% Ge3Sb2 1.27%
GeSb 6.06% Ge2Sb 28.66% Ge3Sb 11.67
Sb2 1.24% GeSb2 7.31% Ge2Sb2 7.52%

GeSb3 1.33%
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A quantification of the fraction of Ge atoms in a tetrahedral environment
can be obtained from the distribution of the q-parameter [150] defined by:

q = 1− 3

8
Σi<k(

1

3
+ cos(θijk))

2 (3.2)

where the sum runs over the couples of atoms bonded to a central atom j and
forming a bonding angle θijk. The order parameter evaluates to q = 1 for the
ideal tetrahedral geometry and q = 5/8 for a four-coordinated defective octa-
hedral site. The integration of the q distribution of the four-coordinated Ge
atoms from 0.8 to 1.0 gives a measure of the fraction of Ge atoms tetrahedrally
coordinated as it was shown in Ref. [142]. The distribution of q parameter
for Ge, Sb and Te atoms resolved for different atomic coordination in amor-
phous GST523, GST423, GST323 and GST221 are given in Fig. 3.6. From
these results, we get that the fraction of tetrahedral Ge amounts to: 55% in
GST523, 49% in GST423, 35% in GST323, and 51% in GST221. In GST225
almost 33% of Ge atoms occupy a tetrahedral environment while in GST111
this fraction raises to 45%. Therefore, we clearly see that along the Ge-Sb2Te3
tie-line, the fraction of tetrahedral Ge increases together with the content of
Ge. The same holds for alloys along the GeSb-Ge2Sb2Te5 line by increasing
the fraction of GeSb.
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Figure 3.6: Distribution of the local order parameter q resolved for atomic
species and coordination number for amorphous Ge-rich GST alloys. The
continuous smooth distribution is the result of Gaussian broadening of the
order parameter for individual atoms. Taken from our previous work [109].
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Figure 3.7: Fraction of Ge atoms in tetrahedral geometry (triangles) and frac-
tion of Ge-Ge homopolar bonds (circles) over the total number of bonds in
amorphous Ge-rich GST alloys along the Ge-Sb2Te3 and GeSb-Ge2Sb2Te5 lines
as a function of the Ge content in the composition.

As occurs in GST225 and GeTe, we also show here for Ge-rich GST alloys a
connection between the fraction of homopolar Ge-Ge bonds and the fraction of
tetrahedra as summarized in Fig. 3.7. Very similar results have been obtained
for Ge-rich alloys on the Ge-GeSb2Te4 tie-line in Ref. [108] (see Fig. 1.24).

Moving to the medium-range order, the ring length distribution computed
according to the definition given in Ref. [151] is shown in Fig. 3.8. A ring
is the shortest closed loop along bonds connecting neighboring atoms starting
from a central atom. Five-membered ring is the most abundant one for all Ge-
rich alloys investigated here, as opposed to GST225 for which four-membered
rings dominate the distribution [142].
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alloys along the Ge-Sb2Te3 plus GST221 taken from our previous work [109]
and b) Data for amorphous GST225 and GST111 taken from Ref. [142].
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3.1.3 Electronic properties

The electronic density of states (DOS) of the amorphous phase of GST523,
GST423, GST323 and GST221 are shown in Fig. 3.9.
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Figure 3.9: Electronic DOS of the amorphous Ge-rich GST alloys along the
Ge-Sb2Te3 tie-line and of amorphous GST221, computed from KS energies on
a 10 × 10 × 10 k-point mesh of the supercell BZ broadened with a Gaussian
function 35 meV wide. The highest occupied KS state was taken as a reference
(zero of energy). Taken from our previous work [109].

In amorphous GST523 and GST221 there is a finite DOS at the Fermi level
while in GST423 and GST323 an energy gap clearly opens up. Nevertheless,
states in the pseudogap of GST523 and GST221 are localized as shown by the
inverse participation ratio (IPR) superimposed to the electronic DOS in Fig.
3.10. The IPR is a measure of the localization properties and for the i-th KS
state is defined by:

IPR =
∑

j

c4ij/(
∑

j

c2ij)
2 (3.3)

where j is the index of the gaussian orbitals in the basis set and cij are the
expansion coefficients of the i-th KS. DFT-PBE calculations are known to
underestimate the band gap, hence, we can conclude that the amorphous phase
of Ge-rich GST alloys might behave as a semiconductor for all compositions
studied in this work. For the sake of comparison, we report here in Fig. 3.11 the
electronic DOS of the same alloys in the crystalline cubic phase. Further details
on the structural properties of the crystalline structure are given in Appendix
A. Alloys with less than three p-electron per crystalline site, i.e. GST523,
GST423, and GST221 are metallic with the Fermi level lying below the top of
the valance band. On the other hand, GST323 with a closed electronic shell
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displays a semiconducting behavior with a PBE band gap of 0.16 eV, which
is likely to be underestimated. The GST323 alloy keeps the largest band gap
among our compositions also in the amorphous phase as shown in Fig. 3.9 and
3.10. The GST323 composition features an average of three p-electrons per
site which is the condition for a closed shell system in the metastable cubic
phase as demonstrated in Ref. [152].
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Figure 3.10: Inverse participation ratio (IPR) spikes superimposed to the elec-
tronic DOS of Ge-rich amorphous GST alloys near the gap. The zero energy
is the highest occupied KS orbital. The states located near the bands edges
exhibit more localized behavior than those deeper in the bands. Taken from
our previous work [109].
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Figure 3.11: Electronic density of states of crystalline cubic Ge-rich alloys.
The zero energy is the Fermi level. Taken from our previous work [109].

Experimental data to compare with are not available for the alloys in Fig.
3.9 but ultraviolet photoemission spectra (UPS) have been made available for
amorphous GST212, which also lies on the Sb-GeTe isoelectronic line. There-
fore, we computed the electronic DOS for amorphous GST212 with 216-atom
model generated by the same protocol used for other alloys. The atomic geom-
etry and the volume were optimized at zero temperature and then electronic
DOS was computed for the ground state geometry at the supercell Γ-point
both with the PBE functional and the HSE06 hybrid functional [153], which is
keen to describe better the band gap. KS energies were broadened by a Gaus-
sian function with a variance of 80 meV. The experimental DOS, obtained from
UPS measurement compared with the HSE and PBE results in Fig. 3.12. PBE
DOS shows a smaller bandwidth with respect to UPS data while the HSE DOS
is in a better agreement with UPS data. The hybrid functional seems there-
fore mandatory for a reliable DOS. However, in the lack of experimental data
to compare with, we have not yet extended the HSE calculations to the other
compositions. For the sake of comparison, the structural properties of GST212
are reported in Appendix B.
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Figure 3.12: Electronic DOS of amorphous GST212: (a) experimental DOS
from UPS data on two as-deposited samples [141] (b) theoretical DOS from
HSE and PBE calculation. Adapted from our previous work [141].

3.1.4 Vibrational properties

Phonon frequencies of Ge-rich GST alloys were computed at the supercell Γ-
point by diagonalizing the dynamical matrix obtained by finite displacements
0.0053 Å large. We also computed the IPR for the phonons which, similarly
to the electronic states, measures the phonon localization (see Fig. 3.13). IPR
for j-th vibrational mode is given by:

IPR =

∑

κ

∣

∣

∣

e(j,κ)√
Mκ

∣

∣

∣

4

(

∑

κ
|e(j,κ)|2

Mκ

)2 (3.4)

where e(j, κ) are phonon eigenvectors and the sum over κ runs over the N
atoms in the unit cell with masses Mκ. According to this definition, the value
of IPR varies from 1/N for a completely delocalized phonon, to one for a mode
completely localized on just one atom.
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Figure 3.13: Phonon DOS and inverse participation ratio (IPR) of amorphous
Ge-rich GST alloys. Taken from our previous work [109].

The phonon DOS projected on different types of atoms and for Ge in tetra-
hedral geometry are shown in Fig. 3.14. Phonons above 220 cm−1 are mainly
localized near Ge atoms in a tetrahedral environment; these modes are also
the most localized as shown in Fig. 3.13.

With the DFT phonons and the bond polarizability model developed for
GST alloys (see Sec. 2.3), we have computed the Raman spectra for Ge-
rich GST alloys for future reference. The Raman spectra in backscattering
geometry for nonpolarized light of the four alloys are compared in Fig. 3.15.
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Figure 3.15: Raman spectra of the amorphous phase of Ge-rich GST alloys in
nonresonant conditions calculated from DFT phonons and the bond polariz-
ability model in backscattering geometry for non-polarized light. Lorentzian
smearing of 3 cm −1 was employed to broaden the peaks. Taken from our
previous work [109].
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Overall the Raman spectra of the Ge-rich GST alloys look sufficiently dif-
ferent for different alloys to allow discriminating the composition by Raman
spectroscopy. However, the BPM parameters were obtained in nonresonant
conditions while experimental Raman spectra are typically measured in res-
onant conditions. Hence, the theoretical and experimental intensities might
disagree. Besides that, the BPM model was developed for stoichiometric al-
loys along the GeTe-Sb2Te3 tie-line which might limit the transferability of the
BPM parameters for strongly Ge-rich alloys.

3.1.5 Summary

In summary, we carried out a DFT study of the structural properties of amor-
phous Ge-rich GST alloys on the Ge-Sb2Te3 and GeSb-GST225 lines of keen
interest for storage application in the automotive sector which requires high
operating temperatures. These alloys are known to undergo phase segregation
upon crystallization which gives rise to a higher Tx. Our analysis shows that
the presence of Ge-Ge homopolar bonds and Ge in tetrahedral environments
increase by increasing the fraction of Ge in the alloy. These features contribute
to enhance the presence of long-membered rings (five and six) at the expense
of four-membered ones. As all these features are not present in the crystalline
phase, it is expected that Ge-rich GST alloys would display a low nucleation
rate, which might translate into higher Tx with respect to GST225 also for a
homogeneous crystallization into a metastable off-stoichiometric cubic phase
with no segregation of Ge. The same conclusions on the relation between the
structural properties of the amorphous phase and the content of Ge in GST
alloys have been drawn in a recent DFT study [108] for alloys along the Ge-
GeSb2Te4 tie-line as discussed in Sec. 1.3. This work also shows that when
the content of Ge exceeds 50% the amorphous phase turns out to be thermo-
dynamically unstable and might tend to decompose into amorphous Ge and
amorphous GST124. The decomposition upon crystallization, however, was
not addressed in this study and this is the topic we tackle in the next section.

3.2 Decomposition reactions of non stoichiomet-

ric GeSbTe alloys

As anticipated, in a recent work the stability of amorphous GST alloys along
the Ge-GST124 tie-line [108] was investigated based on energetic considera-
tions. The results reveal that the amorphous phase of alloys containing more
than 50% at of Ge is unstable with respect to the phase separation into amor-
phous Ge and amorphous GST124. However, the phase separation in PCMs
is observed during crystallization in the SET operation. It is unclear whether
for Ge content close to or slightly below 50% the amorphous phase could crys-
tallize homogeneously into a cubic crystal with the same compositions, or/and
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whether partial segregation of Ge might lead to cubic crystal less rich in Ge
but still off the pseudobinary line. To address these questions, we first car-
ried out an exploratory study on some possible decomposition of Ge-rich GST
alloys during crystallization [109]. As a first attempt we considered the de-
composition pathways of GST523 which is the alloy with 50% of Ge on the
Ge-Sb2Te3 tie-line studied experimentally in Ref. [13]. We computed the re-
action free energy of the process leading to the formation of either trigonal
or cubic GST compounds along the GeTe-Sb2Te3 tie-line, non-stoichiometric
compositions along the Ge-Sb2Te3 tie-lines plus other non-stoichiometric al-
loys, such as GST221, that we also addressed in our study of the amorphous
phase. We also considered as possible products of the decomposition reaction
of GST523 the two compositions GST213 and GST243 for reasons that we will
make clear later on. A schematic representation of the selected decomposition
pathways of GST523 is shown in Fig. 3.16 where each reaction was labeled by
its main product while the detailed reactions are listed here below:

GST523 −→ 3
4

GST124 + 1
2

Sb + 17
4

Ge (1)
GST523 −→ 3

5
GST225 + 4

5
Sb + 19

5
Ge (2)

GST523 −→ 3
6

GST326 + Sb + 7
2

Ge (3)
GST523 −→ 3 GeTe + 2 Sb + 3 Ge (4)
GST523 −→ Sb2Te3 + 5 Ge (5)
GST523 −→ GST123 + 4 Ge (6)
GST523 −→ GST223 + 3 Ge (7)
GST523 −→ GST323 + 2 Ge (8)
GST523 −→ GST423 + Ge (9)
GST523 −→ GST221 + 2 GeTe + Ge (10)
GST523 −→ GST213 + 3 Ge + Sb (11)
GST523 −→ 1

2
GST243 + 3

2
GeTe + 5

2
Ge (12)

More details on the reactions and on the models employed in these calcu-
lations are reported in Appendix A. For the calculation of the reaction free
energy, we have assumed that non-stoichiometric ternary alloys might exist in
the same cubic metastable phase of GST compounds on the pseudobinary line.
Although the reactant, GST523, should be in the amorphous phase, we still
considered GST523 in the cubic phase as well to estimate the reaction free
energy and to identify the most probable decomposition pathway among those
we selected. Since the free energy of amorphous GST523 is higher than that
of crystalline phase at the same composition, our choice of the cubic phase
introduces a constant offset in the calculated reaction free energies. In the
decomposition reactions with products on the GeTe-Sb2Te3 tie-line, which are
the only thermodynamically stable products, the main products were modeled
in the trigonal phase while the unary systems were modeled in their standard
state. Decomposition pathways with trigonal products along GeTe-Sb2Te3 tie-
line found out to be the most thermodynamically favored as these are the only
stable compounds in the GeSbTe ternary diagram. However, due to kinetics
hindrances in the operation of the memory, only the cubic phase could be ob-
tained, as it is the case of GST225. Once we consider the formation of the
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cubic phase only, it turns out that other compositions become competitive
with those on the pseudobinary line for the crystallization of GST523. This
is shown in Fig. 3.17 that collects the reaction free energy of the pathways
sketched in Fig. 3.16 and defined previously. Details on the calculations of
the reaction free energy will be given later. At this stage, we simply notice
that several competitive decomposition channels emerge once the metastable
cubic phase is considered as a possible product. These preliminary calcula-
tions suggest us to investigate in a systematic way all possible decomposition
channels of GST523 from a high-throughput approach that was then extended
to study the decomposition of all off-stoichiometric alloys in the central part
of the ternary phase diagram.
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Figure 3.16: Sketch of the selected decomposition pathways of GST523 in the
ternary Ge-Sb-Te phase diagram. The arrows indicate the transformations of
GST523 into the main product for the different pathways. Adapted from our
previous work [109].
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Figure 3.17: Reaction free energy for decomposition pathways of GST523 la-
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function of the Ge content in the main product on the Ge-Sb2Te3 tie-line (up-
per abscissa scale) and as a function of the GeTe content in the main product
on the GeTe-Sb2Te3 tie-line (lower abscissa scale). The points for GST221,
GST213 and GST243 are also shown although they do not belong to the two
tie-lines. c-GST225 stands for the metastable cubic phase of GST225. Sb2Te3,
GST124, GST225, GST326 and GeTe are in the trigonal phase. Exothermic
reactions result in negative free energy. Taken from our previous work [109].

In particular, we computed first the formation free energy of cubic GST
alloys in the central region of the ternary phase diagram that then allowed us
to build the convex hull, which in turn provides the reaction free energy of any
decomposition pathway for a given GST alloy. These data allowed us to com-
pute the reaction free energy for all the possible decomposition pathways of
Ge-rich GST alloys into the crystalline less Ge-rich alloys, Ge (and eventually
Sb and Te) and the binary compounds. These calculations provide a map for
the decomposition paths of any GST composition which in turn allows us to
quantify the propensity to decompose of each alloy beside the most probable
decomposition products. This approach is exemplified first by the decompo-
sition map of GST523 and then by studying the decomposition pathways of
alloys on the Ge-GST124 tie-line.

3.2.1 Computational details

The computational settings employed in this section are very similar to those
employed to study the amorphous phase of Ge-rich GST alloys discussed in
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Sec. 3.1.1. DFT calculations were performed employing the PBE exchange
and correlation functional [115] and the norm-conserving pseudopotentials by
Goedeker, Teter and Hutter [118, 119]. The quickstep method as implemented
in the CP2k package was exploited [144]. The KS orbitals were expanded in
Gaussian-type orbitals of a valence triple-zeta-valence plus polarization basis
set and the electronic density was expanded in a basis set of plane waves up to
a kinetic energy cutoff of 100 Ry. Dispersion vdW interactions were included
by using the semiempirical correction due to Grimme [145].

We modeled all GSTXYZ alloys in the metastable rocksalt geometry for
compositions in the central part of the Ge-Sb-Te ternary phase diagram in
which a single element (Ge, Sb or Te) in the alloy does not exceed 60 atomic
%, as for higher content of Ge we might expect defected tetrahedral geome-
try while for higher fraction of Sb or Te we might expect to have either, the
trigonal layered structures of Sb or more complex structures for very high Te
fraction. Considering that we are interested in the possible switching between
the amorphous phase and a cubic crystalline phase, as typically occurs in mem-
ories, this restriction to the central part of the ternary phase diagram is well
justified.

The metastable cubic phase for all GSTXYZ compositions was modeled
in 216-atom supercells, the same rocksalt geometry of GST225. As already
discussed previously, in cubic GST225, Ge and Sb atoms occupy randomly
the cationic sublattice with 20% of stoichiometric vacancies, while the anionic
sublattice is fully occupied by Te. Stoichiometric vacancies in GST225 are
needed to guarantee a closed shell system. In fact, with 20% vacancies on the
cationic sublattice, there are exactly three p electrons per site on average.

In our models, in a GSTXYZ composition with a fraction of Ge larger than
0.5 the cationic sublattice is completely occupied by Ge atoms while the an-
ionic one is occupied by the remaining fraction of Ge, Sb and Te. On the other
hand, for compositions rich in Sb, we assumed an amphoteric behavior of Sb
and hence Sb atoms were distributed on both the anionic and cationic sublat-
tices. The vacancies were included for alloys with more than three p electrons
per site on average to ensure a closed electronic shell. To properly describe
the disorder on the different sublattices, we generated three independent SQS
models for each composition by using special quasi-random structures (SQS)
[154].

To compute the formation free energy of GSTXYZ alloys and construct
the convex hull in the Ge-Sb-Te phase diagram we computed also the DFT
total energies of the ordered compounds Ge, Te (P3121 space group), Sb (R̄3m
space group), GeTe (R3m space group) and Sb2Te3 (R̄m space group) modeled
with 216-, 192-, 216-, 162- and 270- atom supercells. The atomic positions and
cell edges of all models were fully optimized with a convergence threshold of 5
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mRy/a0 for forces and pressure tolerance of 0.01 GPa. The cell optimization
of the metastable phases was carried out in two steps. First, we optimized the
cell by fixing all angles to 90◦ and subsequently, we allowed also the cell angles
to change. Cell optimizations were performed by restricting the BZ integration
to the supercell Γ-point while the total energy of each model was computed
with a 3 × 3 × 3 k-point mesh in the supercell BZ. In order to estimate the
reaction free energies of the decomposition of GST alloys, we also included
the configurational entropy in the crystalline phases due to disorder on both
the sublattice given by S = −kB

2
Σi,jxi,jln(xi,j), where j is the index of the

sublattice (i.e. cationic and anionic) and i is the index of the atomic species
which occupy the j-th sublattice (i.e. Ge, Sb, Te and vacancies), kB is the
Boltzmann constant and xi,j is the molar fraction. The formation free energy
of GST alloys, used to compute reactions free energies, includes the total energy
at zero temperature and the configurational free energy at 300 K. Calculations
on selected possible decomposition pathways have shown that the phononic
contribution to the reaction free energy is negligible (a few meV/atom) as
shown in Tab. A.2 in Appendix A and it has thus been omitted in this study.

3.2.2 The convex hull in the Ge-Sb-Te ternary phase di-

agram

As a first step, we computed the formation free energy of GST alloys with
respect to the standard phase of the unary systems (Ge, Sb and Te) according
to the following chemical reaction:

XGe+ Y Sb+ ZTe −→ GeXSbY TeZ (3.5)

The formation free energy for cubic GST alloys in the central part of the
phase diagram is shown in Fig. 3.18. Each point on the map corresponds to a
GSTXYZ composition for a total number of 698 alloys uniformly spaced, as far
as we can with the constraints on the number of atoms in our supercell, within
the region explored here. The formation free energy in that map corresponds
to the total DFT energy at zero temperature averaged over three independent
models for each composition plus the configurational free energy at 300 K due
to disorder in the sublattices. A positive value of the formation free energy
indicates an alloy unstable with respect to phase separation into the unary
systems Ge, Sb and Te. This is the case for Sb-rich alloys on the left part of
the phase diagram. From the map in Fig. 3.18 it is clear that the formation
free energy is lower (more negative) for alloys along the GeTe-Sb2Te3 tie-line
and on the Sb-GeTe isoelectronic line. Note that in the formation free energy
map all alloys, except GeTe, are in the cubic phase including also Sb2Te3. In
fact, a metastable cubic phase of this compound was observed experimentally
with vacancies on 1/3 of the cationic sites [58].
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Figure 3.18: Map of the formation free energy of GST alloys in the metastable
cubic phase except for GeTe compound which is in the stable trigonal phase.
The formation free energy includes the DFT total energy at zero temperature
and the configuration free energy contribution due to the disorder at room
temperature. Taken from our previous work [155].

The formation free energy of all the thermodynamically stable compounds
in a phase diagram form the so-called convex hull, which is a (n-1)-dimensional
surface for a phase diagram with n atomic species and it is formed by com-
pounds with a formation free energy lower than that of any other structure or
any linear combination of structures with the same composition. The vertices
of the convex hull construction, therefore, correspond to the thermodynami-
cally stable compounds while the tie-lines connecting the two compounds are
the edges of the convex hull. By construction, the convex hull represents
the Gibbs free energy of the alloys in a phase diagram at zero temperature
[156, 157, 158].

In the Ge-Sb-Te phase diagram, unary systems, trigonal compounds along
the GeTe-Sb2Te3 pseudobinary line and the Sb-Sb2Te3 tie-line form the so-
called convex hull [59, 159, 160, 161] which in this case is a two-dimensional
surface. All other structures (in the cubic phase, for instance) have an energy
that falls above this set of tie-lines and their distance from the surfaces gives a
measure of the degree of the metastability of these structures. We have built
the convex hull in the GeSbTe phase diagram to access this information.

In this work, we constructed the convex hull of the Ge-Sb-Te phase diagram
considering only unary systems, GeTe and Sb2Te3, which is an approximation
of the real one. In fact, the energies of the (GeTe)m(Sb2Te3)n compounds, such
as GST147, GST124, GST225, GST326, GST528 and so forth, are very close
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to the (GeTe)-(Sb2Te3) edge of the convex hull as can be seen in Tab. A.2 in
Appendix A. The same holds for the SbxTe compounds along the Sb-Sb2Te3
tie-line [161]. Thus, for simplicity, we considered a simplified convex hull
including only Ge, Sb, Te and the binary GeTe and Sb2Te3 trigonal compounds.
For the construction of the convex hull, we employed the qhull code [162]. The
resulting convex hull with the free energy points of the different cubic alloys is
shown in Fig. 3.19. The vertical distance between the formation free energy
of an alloy and the underlying surface of the convex hull gives a measure of its
metastability and it corresponds to the amount of energy the alloy would gain
upon the decomposition into the compounds on the vertices of the surface
just below it. In Fig. 3.19 we show the distance from the convex hull for
cubic alloys in the central region of the GST phase diagram. Short distance
corresponds to a high degree of metastability and hence, probably, long-living
states.
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Figure 3.19: a) Convex hull in the Ge-Sb-Te phase diagram. The formation
free energy of GST alloys with negative sign are shown in blue points and it is
set to zero for standard states. (b) The distance of the formation free energy
(meV/atom) of the cubic GST alloys from the convex hull. Short distance
corresponds to a high degree of metastability of the composition. Taken from
our previous work [155].

.

From the map of the distance from the convex hull, it is clear that alloys on
the Sb-GeTe isoelectronic line are remarkably stable since their energy is very
close to the convex hull. Indeed, the GST212 alloy on the Sb-GeTe line was
indicated as the starting point to obtain a “golden composition” for embedded
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memories [10] by increasing the content of Ge. The high metastability (low
distance from the convex hull) corresponds to a low propensity to decompose
as we will discuss later on. The cubic alloys along the GeTe-Sb2Te3 exhibit a
large distance from the convex hull, even larger than the distances observed
along the isoelectronic line despite the large formation free energy as shown in
Fig 3.18. This is actually in agreement with our preliminary results shown in
Fig. 3.17 and it can be understood considering the high difference in energy
between the trigonal and the cubic phase of these compounds, which is of the
order of 50–60 meV/atom [163].

The map of the formation free energy can be used to study all the decom-
position pathways of any alloy in the phase diagram. To this end, starting from
a GSTXYZ cubic alloy we study the reaction free energy of the decomposition
pathways given by:

GSTXY Z → aGSTX ′Y ′Z ′+b Sb+ cGe+ d Te+ e Sb2Te3 + f GeTe. (3.6)

where the GSTX′Y′Z′ alloy and the Sb2Te3 compound are in the cubic metastable
phase while Ge, Sb, Te and GeTe are in their standard phase. For each re-
action of the form given above, the decomposition path is assigned by first
maximizing the fraction (a) of the ternary product and then the fraction (e
or f) of the binary product. These two constraints uniquely assign the frac-
tion of the unary products. For a given starting composition we can compute
the reaction free energy of all the decomposition pathways and plot them in
the decomposition map, as it will be exemplified in the next two sections for
GST523 and for alloys on the Ge-GST124 tie-line.

3.2.3 Decomposition of GST523

The decomposition map of GST523 is shown in Fig. 3.20. A point in this
map corresponds to the value of the reaction free energy to form a GST alloy
with the composition of that point starting from GST523. For example, the
reaction free energy for the formation of GST423 from GST523 corresponds
to the reaction GST523 −→ GST423 + Ge. Since the alloys are modeled by a
216-atom supercell, the actual reaction is not exactly given by the one reported
above but by Ge108Sb44Te64 −→ Ge84Sb42Te63 + GeTe + 23 Ge +2 Sb, due
to the constraints imposed by the finite size of the supercell. This map high-
lights which decomposition paths are more probable to be observed during the
crystallization of the amorphous phase, as the energy of the amorphous phase
is always higher than the energy of the cubic phase at the same composition
(see Tab. A.2 in the Appendix A).
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Figure 3.20: Maps of the decomposition pathways of cubic GST523. The
color code corresponds to the reaction free energy to form the cubic GST alloy
starting for the reactant GST523. The red triangles show the compositions
of GST alloys found upon crystallization of melt-quenched and as-deposited
amorphous films. Taken from our previous work [164].

Exothermic reactions display negative reaction free energy, the more nega-
tive the value of reaction free energy is, the more favored is the corresponding
decomposition pathway. The most favored products are found close to the Sb-
GeTe isoelectronic line. Selected compositions shown with red triangles in Fig.
3.20 correspond to the alloys seen experimentally upon the crystallization of
amorphous GST523 [164] in a joint work that we carried out in collaboration
with the experimental partners of the Beforehand project, already mentioned
in the introduction. The crystallization of GST523 was studied. In this work,
the phase separation of GST523 upon crystallization was investigated experi-
mentally by either water cooling the liquid phase of a bulk sample or by an-
nealing thin amorphous film deposited with pulsed laser deposition technique.
EDX elemental chemical mapping (see Fig. 3.21) indicated the formation of
multiple crystalline phases, namely, GST213 and GST243, whose reaction free
energy was reported previously in Fig. 3.17. Remarkably, these compositions
(i.e. GST213 and GST234) lie in the regions with favored reaction free ener-
gies exhibiting the most favored decomposition reactions (green region in Fig.
3.20). We remark, however, that the experimental compositions are obtained
by averaging over the thickness of the sample which might contain multiple
grains of different compositions.
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Figure 3.21: SEM–EDX mapping of water-quenched liquid GST523 which
results in several crystalline phases. (a) SEM image which shows the formation
of Ge dendrites. (b) Ge, (c) Sb, and (d) Te elemental maps. (e) A combined
elemental mapping. The color contrast shows the formation of three phases.
(f) The elemental map, far from the Ge dendrites, shows the formation of two
GST phases, namely GST213 and GST243. Taken from our previous work
[164].

3.2.4 Decomposition of Ge-GST124 alloys

The decomposition map shown in the previous section for GST523 can be
obtained for any initial composition which allows studying how much Ge seg-
regate by varying the composition. As an example of this methodology, we
have computed the decomposition map of the three alloys, GST312, GST412
and GST512, on the Ge-GST124 pseudobinary line (see Fig.3.22) whose amor-
phous phase were studied by DFT simulations in Ref. [108]. Note that in this
latter work, the phase separation of Ge-rich GST alloys into Ge and GST124
was addressed in the amorphous phase. This study suggested that Ge-rich
alloys along the Ge-GST124 tie-line with a Ge content less than 50 % at. are
stable in the amorphous phase with respect to phase separation. It remains
to be seen whether a metastable crystalline cubic phase might form at the
same composition. Note that in the decomposition maps of GST312, GST412
and GST512 we plot the reaction free energy only for exothermic decomposi-
tion which form an amount of GSTX′Y′Z′ corresponding at least to 1/3 of the
reactant (i.e. GSTX′Y′Z′ is the main product).

Page 87



CHAPTER 3. ATOMISTIC SIMULATIONS OF GE-RICH GESBTE ALLOYS

0

−20

0

R
e
a
c
ti

o
n
 f

re
e
 e

n
e
rg

y
 (

m
e
V

/a
to

m
)a) GST312

TeSb

b) GST412 c) GST512

TeSb TeSb0 20 40 60 80 100

20

20

40

60

80

100

0

40

60

80

100

Ge
0

0 20 40 60 80 100

20

20

40

60

80

100

0

40

60

80

100

Ge
0

GeTe

0 20 40 60 80 100

20

20

40

60

80

100

0

40

60

80

100

Ge

Sb2Te3 Sb2Te3Sb2Te3

GeTe GeTe

−40

−60

−80

−100

−120

Figure 3.22: Maps of the decomposition pathways of (a) GST312, (b) GST412,
and (c) GST512. Taken from our previous work [155].

The maps in Fig. 3.22 clearly show that the energy gain due to phase
separation becomes larger and more negative for a wider part of the phase dia-
gram (the products) by increasing the content of Ge in the reactant (compare
GST312 with GST512 in Figure 3.22). This result quantifies the expectation
that Ge-rich GST alloys are more prone to decompose along several competi-
tive decomposition channels. Note also that the most probable reactions (i.e.
most exothermic) correspond to the formation of alloys on the GeTe-Sb2Te3
pseudobinary line and on the Ge-Sb2Te3 isoelectronic line. Moreover, the en-
ergy gain increases remarkably in the region close to GeTe.

Although there is a large number of competitive decomposition channels
with very similar reaction free energies, the GSTX′Y′Z′ products of these re-
actions can hardly be discriminated by X-ray diffraction data. In fact, the
equilibrium lattice parameter slightly depends on the composition and it is
very similar for the majority of GST alloys in the cubic phase. This is shown
in Fig. 3.23 which reports a map of the deviation of the equilibrium theoret-
ical lattice parameter for cubic alloys from that of GST225. Accordingly, the
coexistence of different cubic alloys resulting from the crystallization of the
amorphous phase of Ge-rich GST alloys is expected during the operation of
the memory. The presence of several competitive channels might contributes
to the high cell-to-cell variability observed in embedded memories based on
Ge-rich GST alloys.
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Figure 3.23: The equilibrium lattice parameter of the cubic phase of GST
alloys in the ternary phase diagram is reported as the relative difference (a
-a225)/a225 in percentage (%) with respect to the lattice parameter of GST225
(a225 = 6.0293 Å) [59]. Taken from our previous work [155].

The maps in Fig. 3.22 show that the number of decomposition channels
remarkably increases with the content of Ge which suggests, as one would
expect, an increase in the decomposition propensity by increasing Ge. The
decomposition map of GST512 displays indeed a largest blue region (more
exothermic reactions) among the three alloys on the Ge-GST123 tie-line. In
the next section, we try to quantify the decomposition propensity for GST
alloys.

3.2.5 Decomposition propensity

We attempted to quantify the decomposition propensity of each GST alloy
from its decomposition map. We measured the decomposition propensity by
counting the number of exothermic decomposition channels, each weighted by
its reaction free energy. In this calculation, we consider the whole decomposi-
tion map relaxing the constraint on the fraction of ternary product (one-third
to consider it the main product) as we are interested in all the decomposition
channels regardless of the nature of the products. For instance, a decomposi-
tion reaction which produces GSTX′Y′Z′ in a small fraction can still be strongly
exothermic due to the formation of a large fraction of GeTe. This is done for all
GST alloys in the central region of the phase diagram and the resulting map
of the decomposition propensity is shown in Figure 3.24. Again, the GeTe-
Sb2Te3 tie-line and Sb-GeTe isoelectronic line exhibit superior stability with
other GST alloys as they lay in regions with a low propensity to decompose
(blue regions). The map of the decomposition propensity and the results dis-
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cussed previously in the Sec. 3.2.5 on the properties of the amorphous phase
suggests a possible strategy to minimize the segregation phenomena by still
keeping a higher crystallization temperature.
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Figure 3.24: Map of the decomposition propensity of the cubic crystalline phase
of GST alloys in the ternary phase diagram. Alloys with low propensity lie in
the blue regions. The decomposition propensity is computed as the number of
exothermic decomposition channels weighted by the modulus of their reaction
free energy (in eV/atom). Taken from our previous work [155].

As we already discussed, it is believed that phase separation is the origin
of the enhanced crystallization temperature due to the long-scale mass trans-
port involved in the segregation of Ge [165]. On the other hand, a GST alloy
with sufficiently high crystallization temperature capable of switching between
the crystalline and amorphous phase homogeneously with no phase separation
would allow mitigating the drawbacks of the segregation of Ge in Ge-rich al-
loys. Phase separation is responsible for a large cell-to-cell variability and the
presence of several nanocrystallites with different compositions that may un-
dergo coarsening with time could also contribute to the drift of the SET state.
Therefore, it is interesting to speculate whether it would be possible to keep
a high Tx in a homogeneous crystallization in which a suitably tuned Ge-rich
GST alloy could crystallize in a metastable cubic crystal with no segregation
of Ge.

The analysis of the structural properties of DFT models of the amorphous
phase of GST alloys showed that moving away from the GeTe-Sb2Te3 tie-line
by increasing either the Ge or Sb content along the Ge-GST124 [108], Sb-GeTe
[142] and Ge-Sb2Te3 lines, leads to an amorphous network which is more and
more dissimilar from the cubic crystal. In fact, the rocksalt phase displays no
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homopolar bonds and all atoms are in an octahedral bonding geometry. In the
amorphous phase, a fraction of Ge atoms is instead in a tetrahedral geometry
favored by the presence of Ge–Ge bonds. Both the fraction of Ge-Ge homopo-
lar bonds and of Ge in tetrahedral geometry increase with the content of Ge.
This occurs also by increasing the fraction of Sb due to the lack of Te to form
Ge–Te bonds [108, 142].

Another descriptor of the local environment is given by the distribution
of ring length. As discussed previously, the ring distribution of amorphous
GSTT225 and GeTe exhibits a peak corresponding to the four-membered ring
of the form ABAB, where A = Ge/Sb and B = Te, as was shown by DFT MD
simulations. This particular ring is the building block of the cubic rocksalt
crystal. The four-membered rings are also present in the supercooled liquid
phase above glass transition temperature where crystallization takes place [17].
It is believed that the fast crystallization of phase change materials relies on
the presence of these rings, which can give rise to a crystalline nucleus by re-
orientation and merges [17, 21, 166]. Still, by increasing the content of Ge,
the fraction of five- and six-membered rings increases at the expense of four-
membered ones. Homopolar bonds, tetrahedral geometry and longer rings
instead of four-membered ones are all structural features hindering the crys-
tallization since they are not present in the rocksalt structure. Therefore, one
might think of controlling the crystal nucleation rate by tuning the composi-
tion to enhance the dissimilarity between the crystal and amorphous phases.
This would allow improving data retention. In this respect, the propensity
map in Fig. 3.24 indicates the regions with a larger Ge or Sb content that can
enhance the structural dissimilarity but with a low propensity to decompose
during crystallization (mainly near the isoelectronic line). It remains to be
seen if this strategy is suitable to raise the crystallization temperature suffi-
ciently for applications in embedded memories and whether a homogeneous
crystallization is possible sufficiently far from the GeTe-Sb2Te3 tie-line.

The strategy suggested by inspection of the decomposition propensity in-
spired our experimental colleagues within the Beforehand project in their
search for a high Tx alloys with low segregation of Ge. Three different Ge-rich
regions in the ternary phase diagram were selected to grow amorphous films
by means of molecular beam epitaxy (see Fig. 3.25). Both the effect of the
distance between the composition and the GeTe-Sb2Te3 pseudobinary line and
the effect of changing the composition by keeping fixed the content of Ge [167]
were addressed. The resulting compositions are Ge-rich Sb2Te3 with a high
amount of Ge and Ge-rich GST225 with low and high amount of Ge which
have been named H-Ge-ST, L-Ge-GST and H-Ge-GST, respectively, as shown
in Fig. 3.25.
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Figure 3.25: Sketch of the composition investigated experimentally in our joint
theoretical and experimental work. [167].

XRD data in Fig. 3.26 shows that the H-Ge-ST and H-Ge-GST crystallize
with segregation of Ge [167]. On the contrary, the composition L-Ge-GST
crystallize with no phase separation. The intensity ratio of the peaks related
to GST and Ge is lower in H-Ge-GST than in H-Ge-ST, which suggests a
different tendency to decompose in the two alloys in good agreement with our
decomposition maps shown in Fig. 3.27.

Figure 3.26: XRD data at different temperatures for (a) H-Ge-ST and (b)
H-Ge-GST. Taken from our previous work [167].
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Figure 3.27: The decomposition map of H-Ge-ST (left) and H-Ge-GST (right).
Taken from our previous work [167].

Despite the different degree of Ge segregation, Tx is almost the same for
H-Ge-GST and H-Ge-ST as shown in Fig. 3.28b, where Tx was assigned by
the inflection point in the resistivity-temperature plot in Fig. 3.28.

Figure 3.28: a) Electrical resistivity as a function of temperature for three Ge-
rich GST alloys. b) Crystallization temperature estimated from the position
of the inflection point of the electrical resistivity as a function of temperature
for the three different alloys. Taken from our previous work [167].

We have also generated an amorphous model for the H-Ge-GST and H-
Ge-ST following the same protocol employed for the other compositions. We
found that both display a high fraction of Ge-Ge homopolar bonds, of Ge in
tetrahedral geometry and of long-membered rings (see Fig. 3.29 ) which might
contribute to raise Tx besides the segregation of Ge.
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Figure 3.29: The fraction of Ge-Ge homopolar bonds and tetrahedral Ge in H-
Ge-ST and H-Ge-GST alloys and, for the sake of comparison, GST225 obtained
from DFT-MD simulations.

As a final result, we computed the average fraction of expelled Ge along
the decomposition pathways for each GSTXYZ alloy in the central part of
the phase diagram. The average fraction is computed by summing the atomic
fraction of Ge expelled in each exothermic decomposition path weighted by
its reaction free energy as ∆Geav(GSTXY Z) =

∑
i ci|∆i|

X
∑

i |∆i| , where the sum runs
over the decomposition channels and ci is the fraction of Ge formed in reaction
i (see Equation (3.6)). The resulting map is shown in Fig. 3.30.
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Figure 3.30: Map of the average fraction of Ge expelled (in atomic %) over all
the possible exothermic decomposition reactions for GST alloys in the central
region of the ternary phase diagram. Taken from our previous work [155].
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For the sake of comparison, we also computed the fraction of Ge expelled
by considering only the decomposition pathway forming thermodynamically
stable compounds at the vertices of the convex hull. In this case, only one
decomposition pathway for each GST alloy is possible. This new map of Ge
segregation is shown in Fig. 3.31.
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Figure 3.31: a) The projection of the convex hull on the phase diagram showing
a decomposition path of generic a GSTXYZ alloy into the stable compounds.
b) Map of the fraction of crystalline Ge in atomic formed upon the crystalliza-
tion into the thermodynamically stable compounds for GST alloys in Ge-Sb-Te
phase diagram.

The pictures shown in Fig. 3.30 and Fig. 3.31, not unexpectedly, are
very different. By allowing for the formation of metastable cubic phase of off-
stoichiometric compositions (see Fig. 3.30), a very low segregation of Ge is
expected below the Sb-GeTe isoelectronic line while the segregation increases
gradually by increasing the fraction of GexSby. The map in Fig. 3.30 and the
map of decomposition propensity are actually similar. However, while the de-
composition propensity shows a minimum along the Sb-GeTe line, the fraction
of segregated Ge in Fig. 3.30 shows a monotonic behavior. By considering only
the thermodynamically stable products, a large portion of the phase diagram
display full segregation of Ge (i.e. on the left of the Ge-Sb2Te3 tie-line) while
no Ge segregation is observed only below the GeTe-Sb2Te3 tie-line (Fig. 3.31b).

The two maps of the fraction of expelled Ge suggest that measuring the
fraction of segregated Ge could be used to identify the phases formed upon
decomposition, i.e, the thermodynamically stable compounds on the tie-lines
or metastable off-stoichiometric alloys.

3.2.6 Decomposition reactions in the amorphous phase

In the previous section, we discussed the phase separation of Ge-rich GST
alloys during crystallization. We already mentioned that phase separation in
the amorphous phase was discussed for the Ge-GST124 tie-line in Ref. [108].
Here we consider the phase separation in the amorphous phase for GST523
using the DFT energy of our amorphous models, which allows studying the
decomposition of GST523 along the pathways 8, 9 and 10 on page 78 where
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the reactant and all the products are in the amorphous phase. The resulting
reaction free energies are -15.5, -8.4 and -7.3 meV/atom. For these calcula-
tions, the energy of amorphous Ge was obtained from the energy of crystalline
Ge and the crystallization energy (120 meV/atom) obtained from calorimetric
measurements [168]. Therefore, GST523 is unstable with respect to decompo-
sition into the amorphous GST phases plus amorphous Ge. The same is true if
we consider crystalline Ge. The picture remains the same also by considering
the vibrational contribution to the reaction free energy at 300 K. Indeed this
contribution, despite being negative is still small and amounts to 3.6, 1.9, and
0.4 meV/atom.

It is worth noting that the reverse reaction for the formation of an amor-
phous phase should occur in the liquid phase. The phase diagram of the binary
line Ge-Sb2Te3 suggests the formation of the homogeneous liquid with GST523
composition above the liquidus temperature at about 1000 K [169]. If these
conditions are reached in the RESET process, the homogeneous liquid might
form and segregated Ge could dissolve into the GST liquid giving rise to a
more Ge-rich liquid. Then, when the temperature drops abruptly, this homo-
geneous liquid would quench into metastable amorphous with the composition
of GST523. To this end, RESET operation should guarantee the time required
to recover a homogeneous system in the liquid phase.

3.2.7 Summary

The study of the decomposition reactions during crystallization suggests that
amorphous Ge-rich alloys might decompose along several competitive pathways
by forming crystalline alloys in the cubic metastable phase. The coexistence
of several grains with different compositions, and possibly different electri-
cal resistance, might contribute to the high cell-to-cell variability observed
in embedded PCMs based on Ge-rich GST alloys. Moreover, the resistance
drift observed in the SET state in these devices could also be partially due to
coarsening of different grains in the nanocomposites formed during the hetero-
geneous crystallization.

The quantification of decomposition propensity of a given alloy from DFT
thermochemical data suggested a possible strategy to reduce the phase segre-
gation, yet keeping a high crystallization temperature.

Hitherto, the decomposition of GST alloys was studied based on thermo-
dynamical considerations only, but kinetics is expected to play a crucial role
in determining the actual products. Indeed, the crystallization process may
occur in several steps (i.e Ge migration and crystallization both of Ge and
GST) and the activation barrier for each step might hinder possible decom-
position pathways that could be more prominent in the decomposition map
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built from reaction free energy. For instance, decomposition pathways with
full segregation of Sb plus other byproducts to form GeTe, although probably
thermodynamically favored, might be not viable due to kinetics effects. To this
end we carried out a 1 ns long MD simulation at 650 K with the amorphous
216-atom model of GST523; however, neither crystallization nor nucleation
was observed on this timescale. Indeed, kinetics effects due to the phase sep-
aration require a long scale beyond the reach of DFT methods and therefore
they cannot be addressed within the framework used so far. However, machine
learning interatomic potentials with a near DFT accuracy might allow large-
scale MD simulations that could shed light on the details of the crystallization
kinetics in Ge-rich GST alloys.

In this perspective, we have developed a NN potential for GST225, as a
first step toward a NN potential for Ge-rich GST alloys as discussed in the
next chapter.
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Chapter 4

A Neural Network Potential for

Ge2Sb2Te5

So far, we investigated the phase segregation of Ge-rich GST alloys based ex-
clusively on energetics and thermodynamical considerations. However, a full
understanding of the segregation process is far from being reached at this stage
because the kinetics of the phase segregation is expected to play a crucial role
in making the possible decomposition channels viable. In fact, as discussed in
the introduction (see Sec. 1.3), several experiments with different annealing
protocols of amorphous films with very similar compositions give rise to a dif-
ferent sequence of crystallization steps with Ge or GST crystallizing first.

The main problem in investigating the kinetics effects at the atomistic level
is that the phase separation occurs on a time scale beyond the reach of DFT
simulations. However, DFT could be used to develop NN interatomic poten-
tials which display an accuracy similar to DFT at a tiny fraction of the cost.
On these premises, we decided to generate a NN interatomic potential for
GeSbTe ternary alloys to pave the way for the direct MD simulations of the
crystallization process of Ge-rich GST alloys, as it was done for Sb [20] and
the GeTe binary compound [19]. As a first step toward the large-scale simu-
lation of Ge-rich GST, we developed a NN potential for the GST225 ternary
compound that we exploited to study the kinetics of homogeneous and het-
erogeneous crystallization. We discuss the development of the NN potential in
Sec. 4.1 and its validation in Sec. 4.2 In Sec. 4.3 we discuss its application to
the study of the crystallization kinetics of GST225.

We remark that a machine learning interatomic potential for GST225 was
recently developed with the Gaussian Process Approximations (GAP) method
as reported by Mocanu et al. [170]. The GAP potential features, however,
some inaccuracies in reproducing the DFT results on the fraction of homopo-
lar bonds and tetrahedra in the amorphous phase due to the lack of these
configurations in the training set [170]. There is therefore room for improve-
ment. We here adopt a different machine learning scheme based on deep NN
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as implemented in the code DeepMD and described in Sec. 2.5.3.

4.1 The generation of the neural network poten-

tial

The NN potential was obtained by fitting DFT energies, forces and virial ten-
sor of a database containing almost 180000 atomic configurations in the liquid,
amorphous, cubic and hexagonal phases of GST225 using DeePMD-kit open-
source package [23]. In the database, liquid and amorphous phases were mod-
eled with a 108-atom cubic supercell. The cubic metastable phase was modeled
with 57- and 98-atom supercells. The first one corresponds to a 2x2x2 NaCl
supercell while the second one corresponds to a 2x2x3 NaCl cell rotated in the
XY plane by 45◦. Finally, the hexagonal phase was modeled with a 108-atom
supercell corresponding to a 2x3x1 supercell rotated in the XY plane in such
a way as to form an orthorhombic cell. DFT calculations were performed with
the PBE exchange and correlation functional and by employing the norm con-
serving GTH pseudopotentials [115, 118, 119]. KS orbitals were expanded in
Gaussian-type orbitals of a valence triple-zeta-valence plus polarization basis
set, while a basis set of plane waves up to a kinetic energy cutoff of 100 Ry is
used to represent the charge density as implemented in the CP2k package [144].

To generate the database configurations, long DFT-MD simulations were
performed in the BO approximation with a timestep of 2 fs. The BZ integra-
tion in MD simulations was restricted to the Γ-point of the supercell. Then,
for a subset of the atomic configurations extracted from the MD the energy
and the forces were computed by properly integrating the BZ. A 3x3x3 k-point
mesh was used for all models but for the cubic phase with 57 atoms, for which
we used a 4x4x4 k-point mesh in BZ. These data at convergence in BZ inte-
gration were used as a training set for the NN.

For the development of the NN potential, we started with a small database
of about 5k configurations generated by DFT-MD. Then, we expanded the
database in an iterative process to achieve a refined version of the NN poten-
tial. During this iterative process, we added atomic configurations generated
from DFT-MD trajectories to enhance the description of specific properties,
and also configurations from NN-MD trajectories generated by intermediate
versions of the NN potential where energy was poorly described. In the fi-
nal database, which contains almost 180000 configurations, we covered a wide
range of thermodynamical conditions, i.e., different temperatures up to 2000
K and several densities in the range between 0.026 and 0.036 atoms/Å3. More
details about the configurations in the database are given in Tab. 4.1. In
Tab. 4.1 supercooled liquid simulations refer to simulations of several tens of
ps at fixed temperature in the range 500-900 K, quenching simulations refer
to simulations in which the system was cooled very rapidly from 990 to 300
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K while metadynamics simulations refer to biased simulations to enhance the
sampling in a specific configurational region.

Table 4.1: Details of the dataset used for the training of the NN potential.

Phase/simulations Number of configurations
Liquid phase 4489

Supercooled liquid simulations 64440
Quenching simulations 70463

Amorphous phase 3620
Cubic phase 8764

Hexagonal phase 7935
Metadynamics simulations 18524

In the construction of the NN potential, we employed two descriptors: the
two-body embedding descriptor and the three-body embedding one (see Sec.
2.5.2). For the two-body descriptor, we use rc = 7 Å which includes the third
coordination shell and rcs = 3.8 Å (see Eq 2.33). Moreover, we set the maxi-
mum number of neighbors to 30, 30 and 40 for Ge, Sb and Te. The embedding
network has 3 hidden layers with 20, 40 and 80 neurons respectively while the
M2 parameter is set to 35 (see Sec. 2.5.2). Instead, for the three-body em-
bedding descriptor, we choose a shorter cutoff rc= 3.8 Å, which includes only
the first coordination shell and a smoothing cutoff rcs= 3.0 Å. The maximum
number of neighbors is 10 for all the chemical species and the embedding net-
work has 3 hidden layers with 3, 6 and 12 neurons. Finally, the fitting network
for the energy consists of 4 hidden layers with 120, 60, 30 and 15 neurons
with atomic energy reference for the chemical species of -102.297, -146.521 and
-218.984 eV for Ge, Sb and Te. These reference energies were obtained from
isolated atoms calculations with CP2k. In the embedding and fitting network,
we have used the hyperbolic tangent as an activation function. We have also
exploited the residual connections as discussed in sec 2.5.1. The hyperparam-
eters which control the learning process are reported in table 4.2.

Table 4.2: Details of the hyperparameters used for the learning rate and the
Loss Function (LF) employed for the training of the NN potential.

Learning rate initial value = 0.001 final value = 3.51e-8
Decay of the learning rate prefactor = 0.95 steps = 7275
Energy prefactor in the LF initial value = 1 final value = 1000
Forces prefactor in the LF initial value = 8000 final value = 800
Virial prefactor in the LF initial value = 0.2 final value = 100
Batch size (configurations) training = 16 test = 128
Training epochs 200

The energy root-mean-square error (RMSE) between the value predicted
with the NN potential and that of DFT is 8.4 and 8.6 meV/atom for the
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training and test sets. The RMSE on forces is 159 meV/Å for both sets. The
distribution of NN errors on energies and forces is in Fig. 4.1. The typical
average errors obtained with DeePMD for disordered systems like ours (i.e
liquid and/or amorphous phases) is in the range 2-7 meV/atom and 60-130
meV/Å [139, 171, 172].

a)

b)

Figure 4.1: Cumulative fraction of the absolute errors of the NN potential
in training and test data sets for a) the energies per atom (∆E=|EDFT -ENN |)
and b) forces (∆F=|FDFT -FNN |). c) We report the distribution of the absolute
error as a function of DFT energy.

All the NN-MD simulations were performed with the LAMMPS code [173]
exploiting GPU acceleration with a timestep of 2 fs and a Nose-Hoover ther-
mostat.
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4.2 Validation of the NN potential

The NN potential has been validated on the properties of the liquid, amor-
phous, cubic and hexagonal phases as described in the separate sections below.

4.2.1 The liquid phase

The structural properties of the liquid phase of GST225 have been evaluated
from NN-MD simulation with a 999-atom supercell at 990 K and compared
with those obtained from DFT-MD simulation with a 216-atom supercell at
the same temperature. In both models, we used the experimental density of
the amorphous phase, 0.031 atoms/Å3 [143], which is close to that of the liquid
of 0.0307 at 883 K [147]. To generate the liquid models we first performed a
7 ps long MD simulation at 2000 K to properly randomize the atoms in the
box. Then, we performed a second equilibration at 990 K for 10 ps. Finally,
we evaluated the structural properties over trajectories 10 ps long. The total
and partial pair correlation functions are compared in Fig. 4.2 while in Tab.
4.2.1 we report the position of the first maximum and minimum of each partial
correlation function. We remark, however, that the first minimum is often not
very well defined.
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Figure 4.2: Total and partial radial distribution function of GST225 in the
liquid phase at 990 K. DFT (blue curves) and NN (red curves) data refer to a
216-atom or 999-atom models.
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Table 4.3: First maximum and minimum of the pair correlation functions in
the liquid phase of GST225 at 990 K from DFT-MD simulations. The NN
data are given in parentheses.

Bond type First maximum(Å) First minimum (Å)
GeGe 2.70 (2.71) 3.24 (3.28)
GeSb 2.88 (2.9) 3.6 (3.44)
GeTe 2.80 (2.82) -
SbSb 3.00 (3.00) 3.78 (3.70)
SbTe 3.04 (3.05) -
TeTe - -

In Figs. 4.3 and 4.4 we report the angular distribution function resolved and
the distribution of coordination number for each chemical species computed
by integrating the partial pair correlation functions up to a bonding cutoff,
which corresponds to 3.2 Å for all pairs except for Sb-Te, for which we use 3.4
Å as was done in Ref. [70].
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Figure 4.3: Angular distribution function resolved per central atomic species
in liquid GST225 at 990 K. The data were normalized to the number of triplets
in each model to properly compare the 216-atom and 999-atom results of DFT
and NN simulations.
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in the liquid phase of GST225 at 990 K from NN and DFT simulations.

The structural properties obtained from NN-MD simulations are in excel-
lent agreement with those obtained from DFT-MD, which suggests that the
NN potential reliably describes the liquid phase.

We have also computed the self-diffusion coefficients from NN-MD simula-
tions for several temperatures in the range 1200-800 K above Tm and below
Tm in the supercooled liquid. The density was fixed to the value of the ex-
perimental amorphous phase (0.031 atoms/Å3) as it was done in the previous
DFT-PBE work [174] that we use as a reference for the validation. We first
equilibrated the liquid for 40 ps at several temperatures in the canonical ensem-
ble starting from the liquid at 990 K. Then, at each temperature, we performed
a further equilibration for 20 ps in the microcanonical ensemble. Finally, the
mean square displacement (MSD) and then self-diffusion coefficients at long
time, MSD=6Dt, were computed over 40 ps trajectories. Then we have fitted

self-diffusion coefficients with the Arrhenius function D=D0e
−Ea
kbT (see Fig. 4.5).

The resulting activation energy ENN
a is 0.267 eV and D0=1.03x10−7 m2/s. We

repeated these simulations by including the semiempirical correction due to
Grimme [175] (D2) which provides a very similar activation energy ENN+D2

a

= 0.286 eV and D0=1.01x10−7 m2/s. These values are similar to other values
reported in the literature as shown in Tab. 4.2.1. Note that in the fitting
procedure, we did not include the data below 700 K which does not fall in the
Arrhenius plot due to the known fragility of the system.
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E=0.333 eV
E=0.286 eV

E=0.267 eV

kB

Figure 4.5: The Arrhenius plot of the diffusion coefficient as a function of
temperature. The extracted activation energies for diffusion are EDFT

a =0.333
eV from PBE calculations [174] and 0.25 eV from PBESol calculations [176],
ENN
a =0.267 eV for NN simulations, and ENN+D2

a =0.286 eV for NN+D2 simu-
lations. The data of D below 700 K are shown with a black border and they
have been excluded from the Arrhenius fit.

Table 4.4: Activation energy for the atomic self-diffusion in liquid GST225 in
literature.

Ea (eV) D0 (m2/s) density (atom/Å3) method Reference
0.333 - 0.031 PBE [174]
0.300 - - PBESol [176]
0.285 0.01 0.031 NN+D2 This work
0.267 1.03 0.031 NN This work
0.260 0.45 0.031 PBESol [177]

At lower temperature we observe deviations from the Arrhenius law as it is
expected for a fragile liquid. Then, we tried to fit the self-diffusion coefficient
of the supercooled liquid in a wider range of temperatures with the formula
due to Cohen-Grest (CG)[178] which is more suitable for fragile liquids:

log(D(T )) = A− B

T − T0 + [(T − T0)2 + 4CT ]1/2
(4.1)

where A, B, C and T0 are fitting parameters in K. Actually, this formula
was used in Fig. 1.16 to fit the kinetic prefactor ukin= 6D

λ
in the crystal

growth velocity inferred from DSC data [89]. We have fitted the diffusion
coefficient of the supercooled liquid phase as shown in Fig. 4.6 and the resulting
parameters are A=-2.44, B=630.30 K, C=21.09 K and T0=317.67 K to be
compared with the values obtained from calorimetric measurements B=121 K,
C=1.71 K and T0= 427 K [89]. We notice that our fitting parameters for D
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differ significantly from those obtained experimentally from the fitting of the
crystal growth velocity.
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Figure 4.6: Cohen-Grest fit of the self-diffusion coefficient as a function of
temperature (green curve) compared with the Arrhenius fit (blue curve) (see
Fig. 4.5).

So far, the ability of the NN potential to describe the structural properties
of the liquid phase is in good agreement with our PBE calculations and data
present in the literature. As a further step in the benchmark of the NN po-
tential, we estimated the melting temperature of the crystalline cubic phase
of GST255 by means of the phase coexistence approach [179]. To this aim, we
have prepared a 12960-atom model of the cubic-liquid interface initially set at
900 K with cell edges of 6.15x6.15x11.08 nm, which corresponds to the equilib-
rium density of the cubic phase at 300 K. The interface lies on the XY plane
and the thickness of the slab in the cubic phase is almost 2 nm while the liquid
slab is almost 9 nm. Then we carried out several independent simulations at
different temperatures in the range 880-950 K. A snapshot of the initial con-
figuration is reported in Fig. 4.7 on the left. At temperatures above Tm we
expect that the crystalline region in our model melts, as it is the case for 950
and 940 K (see the left side of Fig. 4.7) while for temperatures below Tm, we
expect that the crystalline region grows, as it is the case for the trajectories
below 920 K. This set of simulations suggests that the melting point of the NN
potential is in the range 920-930 K which is very close the experimental value
of 900 K. All these simulations were carried out at the equilibrium density of
the cubic phase at zero Kelvin and in the canonical ensemble. A better esti-
mation of Tm should, however, be obtained from NPT simulations to describe
the density change across melting and the thermal expansion of the crystal.
NPT simulations with the PBE functional are, however, problematic as they
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underestimate significantly the equilibrium density due to the coalescence of
nanovoids. Therefore, in order to better estimate Tm we have repeated the
same calculations in the temperature range 925-940 K in NPT ensemble with
NN+D2, as the D2 contribution prevents the coalescence of nanovoids that
form by decreasing the density as it was also reported for GeTe [180]. Start-
ing from the same initial configuration, we first carried NPT-MD simulation
allowing the cell edges to change at fixed angles. The equilibrium density is
reached on a time scale of 30 ps, much shorter than that required for crystal-
lization. Then, we performed long NPT simulations which yielded Tm of 940
K, which is close to the previous NVT results with the PBE function and no
vdW interactions (see Fig. 4.8). At this temperature, the latent heat of melt-
ing (∆Hm) is around -180 meV/atom which is slightly higher than the values
reported in literature obtained from calorimetric measurements (-120 and -173
meV/atom [181, 182]). To calculate the latent heat, we carried a 40 ps long
NPT simulation starting from a properly equilibrated 999- (900-) atom cubic
supercell at 940 K for the liquid (crystalline) phase to estimate the equilibrium
density. The initial configuration for the liquid phase is a snapshot of the liquid
model at 990 K discussed above while that of the cubic metastable phase is
a SQS model in 5x5x5 supercell in the rocksalt geometry. Then, a 40 ns long
NVT-MD simulation at the densities obtained from the previous simulations
was performed to estimate the enthalpy of each phase. Note that all these
calculations were carried out by including the D2 correction. Finally, in order
to assess the error on the latent heat introduced in case one does not take into
account the volume density change upon melting (i.e. NVT simulations), we
computed the enthalpy of the liquid phase at the equilibrium density of the
cubic crystalline phase at 940 K. The resulting heat of melting is ∆Hm = -220
meV/atom which is higher than the result obtained from NPT simulations, as
one might expect considering that the liquid phase is compressed. The value
of ∆Hm computed in the same manner without vdW interactions is instead
230 meV/atom which we expect to be affected by a similar 40 meV/atom error
due to the use of NVT conditions. Finally, we estimated an uncertainty of
about 10 K in Tm due to the constraint at constant volume with the Clausius-
Clapeyron equation.

As a final result, in Fig. 4.9 we show the enthalpy as a function of tem-
perature computed in the supercooled phase. This data was obtained from
independent NN+D2 simulations with 999-atoms supercell at several temper-
atures, where the models were initially equilibrated at 1000 K and then cooled
down to the target temperature in 20-100 ps. The enthalpy displays clearly
two slopes as a function of temperature which allows us to estimate the glass
transition temperature in the range 450-500 K, very similar to the experimen-
tal value of 473 K [183]. This is apparent from Fig. 4.10 which shows the
specific heat (Cv) as a function of temperature computed from the derivative
of enthalpy, which in return was fitted by a quadratic function separately in the
two regions below and above Tg. The jump of the Cv occurs at the glass tran-
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sition temperature. The decrease of Cv with temperature in the supercooled
liquid above Tg is a typical feature of fragile liquids [184].
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Figure 4.7: The internal energy as a function of time at different temperatures
of the cubic-liquid interface model. Several snapshots along these trajectories
are reported to show the initial configuration and the movement of the interface
between the two phases. The melting temperature is estimated to be in the
range 920-930 K. The data refer to NN simulations with no vdW interactions.
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Figure 4.9: Enthalpy of the supercooled liquid as a function of temperature
computed with NN+D2. The continuous blue line is a quadratic fit above Tg.
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Figure 4.10: Heat capacity at constant volume of the supercooled liquid as a
function of temperature obtained from the enthalpy fit above and below Tg

(see Fig. 4.9).

4.2.2 The amorphous phase

The NN potential was further validated on the structural properties of the
amorphous phase. A 999-atom model of amorphous GST225 at the exper-
imental density of the amorphous phase (0.031 atom/Å3) was generated by
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quenching from the melt in 100 ps. Four DFT simulations at the same density
were generated with the same quenching protocol as above.

Total and partial pair correlation functions of DFT and NN models are
compared in Fig. 4.11. The position of the first maximum and minimum of
each partial correlation function are shown in Tab. 4.2.2. It is worth high-
lighting that the Ge-Ge homopolar bond in the four DFT models generated for
this benchmark is slightly longer (2.66±0.05 Å) than that reported in Ref. [70]
(2.62 Å) while it is shorter than that reported in Ref. [69] (2.84 Å). Overall,
the pair correlation functions obtained from NN-MD are within the spread of
DFT results over all four models except for GeGe and GeSb for which the first
peak is overestimated.
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Figure 4.11: Total and partial radial distribution function of amorphous
GST225 at 300 K. DFT data (blue curves) are obtained as the average over
four independent 216-atom models while NN data (red curves) are obtained
from a 999-atom model.
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Bond type First maximum(Å) First minimum (Å)
GeGe 2.66 (2.62) 3.15(3.14)
GeSb 2.83 (2.82) 3.6 (3.6)
GeTe 2.78 (2.78) -
SbSb 2.99 (2.99) -
SbTe 2.97 (2.96) -
TeTe 2.99 (3.04) -

Table 4.5: Position (Å) of the first maximum and minimum of the pair corre-
lation functions in the amorphous phase of GST225 at 990 K from DFT and
NN MD simulations. NN data are given in parenthesis.

The angular distribution functions for each chemical species of the NN
and DFT models are compared in Fig. 4.12 while the distribution of the
coordination number is compared in Fig. 4.13, as obtained by integrating the
pair correlation functions up to a bonding cutoff corresponding to 3.2 Å for all
pairs except for Sb-Te, for which a longer cutoff value of 3.4 Å was used. The
average coordination numbers for each pair of atoms are reported in Tab. 4.6.
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Figure 4.12: Angular distribution function resolved per central atomic species
in amorphous GST225 at 300 K. The data are normalized to the number of
triplets in each model to properly compare the 216-atom DFT model to the
999-atom NN one.
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Figure 4.13: Distribution of coordination numbers resolved per chemical
species in the amorphous phase of GST225 at 300 K from NN and DFT sim-
ulations.

Table 4.6: Average coordination numbers for different pairs of atoms computed
from the partial pair correlation function in amorphous GST225 generated
from DFT and NN simulations. NN data are given in parentheses.

- Total With Ge With Sb With Te
Ge 4.17 (4.15) 0.34 (0.35) 0.26 (0.33) 3.57 (3.46)
Sb 3.54 (3.60) 0.26 (0.33) 0.51 (0.54) 2.77 (2.72)
Te 2.82 (2.79) 1.42 (1.37) 1.10 (1.09) 0.28 (0.31)

The distribution of the local order parameter q for tetrahedricity (see Sec.
3.1) is reported in Fig. 4.14 for four-coordinated Ge atoms. The bimodal shape
corresponds to tetrahedral and defective octahedral geometries. We quantified
the fraction of Ge atoms in a tetrahedral environment by integrating the q
parameter between 0.8 and 1 as discussed in Sec. 3.1. In the NN model, 33%
of Ge atoms are in the tetrahedral geometry while in our DFT models only
about 23% of Ge atoms are associated with this geometry. DFT calculations
in literature report a fraction of tetrahedral Ge in the range 27-35% [16, 174].
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Figure 4.14: Distribution of the local order parameter q for four-coordinated
Ge in amorphous GST225 for the NN model and for each of our four DFT
models.

In Appendix C, we report a similar comparison between the structural
properties of amorphous GST225 where DFT data shown here, and DFT data
of amorphous GST225 obtained with the same protocol used so far by including
the d-electrons of Ge.

Finally, we computed the phonons density of states in amorphous GST225.
To this end, we computed the phonon frequencies at the Γ-point of the supercell
by diagonalizing the dynamical matrix constructed numerically by atomic finite
displacements as discussed in sec 3.1.1. In Fig. 4.15 we report the result for
a 216-atom model computed both with DFT and NN and a 999-atom model
computed with NN.
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Figure 4.15: Phonon density of states of the amorphous phase. The phonons
were computed at the Γ-point of a 216- and 999-atom supercell with the NN
and a 216-atom supercell with DFT. The dynamical matrix was computed by
finite atomic displacements 0.0053 Å large for DFT and 0.03 Å for NN.
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4.2.3 The cubic crystalline phase

The metastable cubic phase of GST225 consists of a NaCl structure with the
anionic sublattice occupied by Te and the cationic one occupied by Ge, Sb
and 20% of vacancies. In this benchmark, the cubic phase was modeled by
employing a 300-sites supercell (the same as in Ref [70]) with 30 vacancies and
270 atoms at the stoichiometric GST225 composition. A comparison of the
Birch–Murnaghan equation of state from DFT and NN is shown in Fig.4.16
and the corresponding fitting parameters are reported in Tab. 4.7. Moreover,
in Fig. 4.17 we report DFT and NN phonon DOS computed with the same
protocol used for the amorphous phase.
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Figure 4.16: Equation of state of the cubic phase of GST225 from DFT and
NN calculations.

Table 4.7: Fitting parameters of the Birch–Murnaghan equation of state of
cubic GST225.

Method E0 (eV/atom) V0 (Å3 /atom) B (GPa) B′

DFT -180.7424 32.42 25.10 7.53
NN -180.7408 32.35 22.51 9.41
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Figure 4.17: DFT and NN phonon density of states of the cubic phase of
GST225. The phonons were computed at the Γ−point of a 270 atoms supercell.
The dynamical matrix was computed by finite atomic displacements 0.0053 Å
large for DFT and 0.03 Å large for NN.

4.2.4 The hexagonal phase

The hexagonal phase is the stable phase of GST225 at normal conditions and
it corresponds to a distorted NaCl structure with an elongation along the [111]
direction. The primitive unit cell contains 9 atoms stacked along the c di-
rection with a stacking order ABCABC (see Fig. 4.18). Each formula unit
forms a lamella separated from the others by a so-called vdW gap, although
the interlamella interaction is not just a vdW contact but a metavalent bond
as discussed in Ref. [78] and Sec. 1.2. There are three different distribution
of atoms proposed from experimental data as discussed in Sec. 1.2. In this
section, we refer always to the Kooi stacking. The Birch–Murnaghan equation
of state (EOS) from DFT and NN are compared in Fig.4.19 and the corre-
sponding fitting parameters are reported in Tab. 4.2.4.
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Figure 4.18: Kooi stacking of the hexagonal phase of GST225.

We have also calculated the phonon DOS and dispersion curves. Note
that within the PBE approximation, GST225 in the hexagonal phase features
phonon instability [185] which is also present in NN calculations as it should
be. These instabilities at the PBE level are resolved by including the semiem-
pirical correction due to Grimme (D2) [185]. Hence we calculated the phonon
dispersion relations by including the D2 correction which are compared with
previous DFT+D2 results [185] in Fig. 4.20. The code Phonopy [186] was used
to compute phonons dispersion relation from the Γ-point dynamical matrix of
a 12x12x4 supercell.

The derivatives of the dispersion curves close to the Γ-point provide the
sound velocities that we averaged over all directions in the BZ to yield a
transverse velocity of vt= 1270 m/s and a longitudinal velocity of vl = 2888
m/s. The DFT-D2 values are vt= 1950 m/s and vl = 3120 m/s [185]. From
these values, we can also estimate the bulk thermal conductivity using the
Cahill formula [187] for the minimum thermal conductivity given by:

kmin =
1

2

(

πρ2

6

)
1

3

(vl + 2vt) kB (4.2)

where ρ is the atomic density and kB is the Boltzmann constant. Within
this approximation, our minimum thermal conductivity is estimated to be 0.3
W/m/K (0.43 from DFT+D2 data in Ref. [185]).

Table 4.8: Fitting parameters of the Birch–Murnaghan equation of state of
hexagonal GST225.

Method E0 (eV/atom) V0 ( Å3 /atom) B (GPa) B′

DFT -180.7883 31.131 19.8 21.75
NN -180.7890 32.135 18.7 23.38
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Figure 4.19: Equation of state of the hexagonal phase of GST225.
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Figure 4.20: NN and DFT phonon dispersion relations of GST225. DFT data
are taken from Ref. [185].

In summary, although the RMSE for the energies and forces are not very
small (8 meV/atom and 160 meV/Å), albeit similar to other NN potentials
in literature for disordered materials, the validation of the potential over the
properties of liquid, amorphous and crystalline phases are good. A less satis-
factory agreement is found for the phonon dispersion relation in the crystalline
phase which are, however, relatively difficult to be reproduced by a NN po-
tential not explicitly devised for these properties. Overall, we judge that our
potential is sufficiently accurate to address the study of many properties of
this system including the crystallization kinetics, which is the subject of the
next section.
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4.3 Simulation of the crystallization process

As a first application of the NN potential for GST225, we studied the kinetics
of the crystallization process in the supercooled liquid phase by evaluating the
crystal growth velocity (vg) as a function of temperature in the range 500-940
K. This information can be extracted from the simulations already performed
to estimate Tm with a model displaying a liquid-crystal interface. To this
end, these simulations have been extended to the wider range of temperatures
studied here. For each starting temperature, the model has been quenched in
40-80 ps from 900 K. The number of crystalline atoms is measured by using the
local order parameter for crystallinity Q4 order parameter [188] (see Appendix
D) that is suitable to distinguish atoms in crystalline or liquid/amorphous
environments. Then the evolution of the crystalline interface was monitored
to evaluate vg as given by:

vg =
dL(t)

dt
⇒ L (t) =

(

N(t)

2AρcubicNN

)

(4.3)

where L(t) is the thickness of the crystalline slab, N(t) is the number of atoms
in the crystalline slab, ρcubicNN is the theoretical equilibrium density of the cubic
phase and A is the cross-section of the box orthogonal to the growth direction.
The evolution of L(t) as a function of time at several temperatures is reported
in Fig. 4.21.

The crystal growth velocity as a function of temperature can be described

by the phenomenological Wilson–Frenkel equation (WF) vg = ukin(1− e
− ∆µ

kBT )
(as discussed in Sec. 1.2.1) where ukin is a kinetic prefactor and ∆µ is the free
energy difference between the crystalline and supercooled liquid phases. For
the kinetic prefactor we use the approximation ukin = 4D

λ
, the same one used to

study the crystallization of GeTe with the NN potential in Ref. [19, 22] where
λ is the typical jump distance of atoms in the elementary diffusion process.
We fitted the values of D in Fig 4.5 to be plugged in WF formula with the
CG expression (see Eq. 4.1) which better describes the diffusion coefficient for
fragile liquid down to temperatures close to Tg.
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Figure 4.21: The evolution of the thickness of the crystalline slab L(t) in sim-
ulations at different temperatures and their linear fit in the range highlighted
in grey yielding the crystal growth velocity.

We attempted to fit the crystal growth velocity extracted from MD sim-
ulations with the WF equation with the D coefficient from the GC fit and
∆µ given by Thomson and Spaepen formula ∆µ(T ) = ∆Hm(Tm−T )

Tm

2T
Tm+T )

[189]
where ∆Hm = 180 meV/atom, Tm = 940 K, and D form CG formula. These
values are those obtained from our MD simulation reported in Sec. 4.2.1. The
resulting fit shown in Fig. 4.22 yields λ = 6.2 Å which seems too high for a
typical jump length in the diffusion process.
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Figure 4.22: Crystal growth velocities from simulations of the heterogeneous
crystallization and the Wilson–Frenkel fitting.

If, instead, we set λ to the same value obtained for GeTe in Ref. [19]
(λ= 3 Å) which is a physically reasonable value, we obtain the WF curve
shown in Fig. 4.23 which better reproduces the crystal growth velocity at low
temperatures but largely overestimates vg at high temperatures.
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Figure 4.23: Crystal growth velocities from simulations of the heterogeneous
crystallization and the WF fit with λ= 3 Å.

From Figs. 4.22 and 4.23 it is clear that the WF formula does not describe
well the crystal growth velocity as a function of the temperature. However,
the self-diffusion coefficient describes the long-scale atomic diffusion process
while the term that enters in the kinetic prefactor ukin for the crystallization is
actually an effective atomic diffusion that might embody a more local atomic
motion. One could then think of fitting the kinetic prefactor directly from
the crystal growth velocities obtained from MD simulations. This new fit is
reported in Fig. 4.24. The resulting parameters of the CG fit are B= 103
K, C=0.3 K and T0=456 K, very similar to those obtained from experimental
calorimetric measurements of B=121 K, C= 1.71 K and T0=427 K [89].
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Figure 4.24: Crystal growth velocities (vg) from simulations of the heteroge-
neous crystallization. The dark blue curve corresponds to WF fit with the
diffusion parameters from MD simulations while the light blue curve corre-
sponds to WF with ukin fitted directly from vg data.

This result shows that the effective kinetic term in the WF formula for
the crystallization process in GST225 increases with temperature at a much
lower pace than the diffusion coefficient does, which suggests that the kinetics
prefactor is possibly controlled by a more local motion than the long-range
diffusion which rules the coefficient D. This local motion would experience a
lower activation energy resulting in a milder increase on the effective D by
increasing temperature. On the other hand, one should also consider a pos-
sible error in the thermodynamic term used in WF formula. To check this
possibility, we investigated the impact of the change of Tm and ∆Hm on the
crystal growth velocity by fixing the kinetic prefactor. The result reported in
Appendix E shows that changing Tm and ∆Hm in a reasonable range does not
allow fixing the large misfit shown in Fig. 4.23.

We have also studied the crystallization in the bulk (homogeneous crystal-
lization) of the supercooled liquid. To this aim, we generated a 7992-atoms
cubic model of the liquid phase at 990 K as discussed previously. Then we
quenched the model down to different temperatures in 80 ps MD simulations
within the NVT ensemle and at the experimental density of the amorphous
phase (0.031 atom/Å3). Then, we performed long simulations up to 12 ns to
crystallize the supercooled liquid and compute the crystal growth velocity. In
Fig. 4.25 we show the profile of the potential energy as a function of time
for different simulations showing the onset of the crystallization. From this
picture, we can see clearly that a postcritical nucleus/nuclei form on a time
scale of 0.2 to 3 ns in the temperature range 500-600 K. At 650 K a post-
critical nucleus forms after about 7 ns while at 700 K the nucleation was not
observed up to 20 ns. For temperatures where nucleation was not observed
after a few tens of nanoseconds, the crystal growth velocities were calculated
starting from a snapshot with a postcritical nucleus formed at a lower temper-
ature. Moreover, we observe that the number of postcritical nuclei increases
as temperature decreases (see Fig. 4.26). For the higher temperatures, we
observe a single crystallite which gives rise to a uniform single crystal filling
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the simulation box.
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Figure 4.25: Potential energy profile as a function of time in simulations of the
crystallization of supercooled liquid GST225 at different temperatures.

Figure 4.26: Snapshots of the formation of crystal nuclei in simulations at 500
K (left) and 650 K (right). Different crystalline nuclei are shown with different
colors. Liquid-like atoms are not shown.

The crystalline atoms were labeled with the Q4 parameter as discussed
above. Then to distinguish different nuclei, crystalline atoms are assigned to a
single crystalline nucleus when it falls within a 3.6 Å from the outermost atoms
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of the nucleus. Then the evolution of the crystalline nuclei was monitored to
evaluate vg which in this case is given by:

vg =
dri(t)

dt
⇒ ri (t) =

(

3Ni(t)

4πρcubicNN

)
1

3

(4.4)

where Ni, is the number of atoms in a single nucleus and ri is the radius of the
i-nucleus, where we assumed a spherical shape. This assumption is valid only
in the early stage of crystallization where a cluster does not interact with other
clusters or its periodic image. The resulting vg as a function of temperature
and the WF fit with the kinetic prefactor fitted directly from the vg data with
the CG formula are shown in Fig. 4.27-averaged over different nuclei in a single
simulation and over two independent simulations for some temperatures.
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Figure 4.27: Crystal growth velocities from simulations in the bulk (red points)
compared with the WF fit of the heterogeneous crystallization (see Fig. 4.24).
The WF fit for the homogeneous crystallization is obtained by fitting directly
the kinetic prefactor with the CG formula as in the heterogeneous case.

From Fig. 4.27 we notice that the heterogeneous crystal growth velocity is
slightly smaller than the homogeneous one in the temperature range 600-700
K, which might be ascribed to the growth direction which is reduced to the
<001> direction in the phase coexistence simulations while the crystal growth
velocity obtained from the growth of a regularly spherical nucleus is an average
over all different growth directions. However, we observe a variability of up
to 2 m/s in vg in different nuclei and therefore additional data are necessary
to improve the statistics. Moreover, it is worth highlighting that the crystal
growth velocity from NN-MD at 600 K is 4.2 (3.45) m/s in the homogeneous
(heterogeneous) crystallization. This value has to be compared with other val-
ues obtained from DFT-MD at the same temperature, which vary from 5.5
m/s for small models, 0.3-1 m/s for intermediate models and 0.5 m/s for the
largest model simulated with DFT [17, 72, 73, 90, 91, 92, 93, 94] while the
experimental value is about 3 m/s [89].
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So far we studied the kinetics of the crystallization without the inclusion of
vdW interaction. The effect of vdW interaction on the crystallization kinetics
is left to future work, as in the current implementation of DeePMD it is not
possible to exploit the GPUs when NN is combined with D2, which makes
these calculations more demanding.

4.4 Summary

In summary, as a first step towards the goal of large scale simulation of Ge-rich
GST alloys, we developed a NN potential for GST225 capable of describing
the structural and dynamical properties of this compound in the crystalline,
liquid and amorphous phases over a large range of thermodynamics condi-
tions. We have employed this potential to study the crystallization of GST225
both homogeneous and heterogeneous at the liquid crystal interface. By try-
ing to fit the crystal growth velocity as a function of temperature with the
WF phenomenological formula we found that the kinetic prefactor in GST225
is ill-described by the diffusion coefficient computed independently from MD
simulations. A better description is given by a CG formula fitted directly on
the kinetic prefactor of the crystal growth velocity extracted from MD simu-
lations. The resulting parameters are in good agreement with those obtained
experimentally from the crystal growth velocity inferred from DSC data. The
NN crystal growth velocity as a function of temperature is in part very similar
to the experimental data reported in Ref. [89] with a slightly higher maximum
vg for the NN at around 680 K, which is very close to the temperature at which
the maximum of the vg was observed experimentally.
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Conclusions

In summary, we carried out a DFT study on Ge-rich GST alloys which are
of keen interest for embedded memory applications operating at high tem-
peratures. These alloys decompose into crystalline Ge and less Ge-rich GST
alloys upon crystallization. However, the details of this process are still largely
unknown. To shed light on several issues regarding these materials at the mi-
croscopic level, we investigated the structural properties of amorphous Ge-rich
GST alloys by means of DFT methods and we performed a high-throughput
DFT study on the decomposition pathways of Ge-rich GST alloys. The anal-
ysis of amorphous models generated by quenching from the melt in DFT-MD
allowed us to identify a few trends on the dependence of some structural fea-
tures on the Ge content. Namely, we found that Ge-Ge homopolar bonds, Ge
in tetrahedral geometry and long-membered rings instead of four-membered
rings increase by increasing the Ge content. Since all these local features are
not present in the crystal, the dissimilarity between the amorphous and crys-
talline cubic phase of GST alloys increases by raising the Ge content, which
is also in agreement with another recent work [108]. We might expect that by
increasing the dissimilarity between the amorphous and crystalline phase the
crystal nucleation rate would decrease. Then we studied the phase separation
upon crystallization based on thermodynamical analysis. First, we carried out
an exploratory study on selected decomposition pathways of GST523, which
has been studied because of its high TX and because of a parallel study on
this system carried out by an experimental group we were collaborating with.

We found that decomposition reactions into stoichiometric trigonal phases
along the GeTe-Sb2Te3 pseudobinary line are the most thermodynamically fa-
vored, as one would expect. However, once we consider the cubic metastable
crystalline phase as a possible product, several other decomposition channels
into non-stoichiometric alloys become competitive [109]. Based on these results
we carried out a comprehensive study by means of high-throughput DFT cal-
culations [155]. First, we computed the formation free energy of all GST alloys
in the central region of the phase diagram modeled into the cubic metastable
phase. Then, we constructed the convex hull and we calculated the distance
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of the formation free energy of each alloy from the convex hull, which gives
a measure of the metastability of the non-stoichiometric compositions. These
data allowed us to compute the reaction free energy of all the possible decom-
position pathways of the GST alloys, which provided a decomposition map for
each individual GST composition and its most probable decomposition prod-
ucts and/or competitive decomposition channels. The results for the GST523
alloy are in agreement with experimental results obtained by water quenching
the liquid phase from an experimental work group we collaborated with. We
collected the thermochemical data in a map of the decomposition propensity,
which then allowed us to suggest a possible strategy to minimize the segrega-
tion of Ge by still keeping a high Tx, thanks to our knowledge on the structural
properties of the amorphous phase as a function of the Ge content. This in-
formation has been exploited in a joint theoretical and experimental search
for better performing Ge-rich GST alloys for embedded memories [167]. This
work yielded a golden composition with a high Tx but a lower segregation of
Ge, which is beneficial for the operation of the memory to reduce for instance
the cell-to-cell variability.

Our thermochemical data showed that several thermodynamically favored
competitive decomposition pathways with very similar reaction free energy are
possible for Ge-rich GST alloys. However, not all decomposition paths might
be viable due to kinetic effects.

In the last years, MD simulations based on DFT have been demonstrated
to be a viable tool to investigate the crystallization kinetics of phase change
materials. In the case of Ge-rich GST, mass transport due to phase separa-
tion into crystalline Ge requires simulation times that are beyond the reach of
DFT methods. A possible strategy to overcome the limitation of DFT meth-
ods and to enlarge their scope is the development of interatomic potentials
based on machine learning techniques for large-scale MD simulations. A ma-
chine learning scheme based on NN method was already exploited previously
for the simpler GeTe and Sb phase change materials. In the perspective to
develop a NN potential for Ge-rich GST, we have first tackled the problem of
generating a potential for the stoichiometric GST225 compound. We succeed
in this task by training a NN on a DFT database of energy and forces of about
180000 configurations of small cells (108 atoms). This procedure implemented
in DeePMD code yields a potential suitable to describe the structural and dy-
namical properties of the crystalline, liquid and amorphous phases of GST225
with an unprecedented closeness to DFT results. As a first application of the
NN potential we studied the kinetics of crystallization of GST225 in the su-
percooled liquid phase. Simulation with up to 12000 atoms and up to 20 ns
long allowed us to compute the crystal growth velocity as a function of tem-
perature, which turns out to be in very good agreement with the experimental
data inferred from DSC. This potential is now ready to be exploited to ad-
dress several open issues in the physics of this compound, such as a possible
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fragile-strong transition in the supercooled liquid, the aging of the amorphous
phase responsible for the drift in the electrical resistance, or the crystallization
in confined geometries, just to name a few. Moreover, as already mentioned,
the achievement of a reliable NN potential for GST225 represents the first step
in the development of a NN potential to directly simulate the crystallization
with phase separation of Ge-rich GST alloys by molecular dynamics. We can
envisage that the simulations will be suitable to provide crucial insights on the
crystallization kinetics that will aid the design of better performing Ge-rich
GST alloys for memory applications.
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Appendix A

Additional material on the

decomposition of GST523

GST523, GST423, GST323 and GST221 were modeled in a cubic crystal sim-
ilar to the metastable cubic phase of the GST225. The crystalline phase of
these alloys was modeled in 216-atom supercells, which corresponds to a 3x3x3
cubic rocksalt supercell. Since in these Ge-rich alloys there are less than three
p-electrons per site, stoichiometric vacancies are not expected to be present
as observed in cubic GST225 [152]. In the Ge-rich alloys addressed here, Sb
is supposed to behave as an amphoteric element due to the low content of
Te, which introduces a disorder in the anionic sublattice besides the disorder
present in the cationic sublattice. In order to take into account this additional
complexity, a large supercell has to be considered, which is also needed to gen-
erate representative amorphous models. For each alloy, special quasi-random
structures (SQS) [154] were generated using "The Alloy-Theoretic Automated
Toolkit" [190] to properly include disorder in the two sublattices. Due to the
constraint of 216 atoms, it was not always possible to generate models with
the exact desired composition.

GST523 was modeled with the cationic sublattice fully occupied by Ge
while the anionic one was occupied with a composition of Sb0.4/Te0.6. The
resulting SQS has 64 atoms of Te and 44 atoms of Sb on the anionic sublattice
and hence the actual composition is Ge5Sb2+xTe3−x where x is 0.0037.

In GST423, the cationic sublattice was modeled with a composition of
Ge0.888/Sb0.111 and the anionic one with a composition of Sb0.333/Te0.666. A
SQS was generated in which the cationic sublattice is occupied by 96 atoms of
Ge and 12 atoms of Sb while the anionic sublattice is occupied by 36 atoms of
Sb and 72 atoms of Te, which corresponds to the exact composition of GST423.

GST323 alloy is an isoelectronic alloy with exactly three p electrons per
site on average, the cationic sublattice is occupied by Ge and Sb with a ratio
of three to one, while the anionic sublattice is occupied by Te and Sb with the
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same ratio. The resulting model has the cationic sublattice occupied by 81
atoms of Ge and 27 atoms of Sb. The anionic sublattice is, instead, occupied
by 81 atoms of Te and 27 atoms of Sb, which correspond to the exact compo-
sition GST323.

Finally, the crystalline phase of GST221 was modeled with a composition of
Ge0.8/Sb0.2 on the cationic sublattice while the anionic one with a composition
of Sb0.6/Te0.4. In the SQS of this alloy, the cationic sublattice was occupied
by 86 atoms of Ge and 22 atoms of Sb. The anionic sublattice was occupied
by 64 atoms of Sb and 44 atoms of Te and hence the actual composition is
Ge2Sb2Te1+x where x is 0.0023.

Besides these compositions which were studied in the amorphous phase, we
also generated models of the cubic crystalline phase of GST223 and GST123
for the exploratory study of the decomposition reaction of GST523 as discussed
in Sec. 3.2.

As GST223 and GST123 alloys have more than three p electrons per atom
in the formula unit, we included vacancies in the cationic sublattice to enforce
the presence of three p electrons per site in the rocksalt crystal on average.
In GST223 the cationic sublattice is occupied by 60 atoms of Ge, 39 atoms
of Sb and 9 vacancies and the anionic one is occupied by 87 atoms of Te and
21 atoms of Sb. The resulting composition corresponds to Ge2Sb2Te2.9. The
models of GST123 were generated with the cationic sublattice occupied by
33 atoms of Ge, 54 atoms of Sb and 21 vacancies and the anionic sublattice
occupied by 96 atoms of Te and 12 atoms of Sb, which result in a composition
of GeSb2Te2.909.

We have also generated two crystalline models for GST213 and GST243
which were observed experimentally as a product of the decomposition of
GST523 as discussed in Sec. 3.2.3. In the model of GST213, the cationic
sublattice is occupied by 12 vacancies, 68 atoms of Ge and 28 atoms of Sb.
The anionic one is occupied by 6 atoms of Sb and 102 atoms of Te. Hence,
our model has 204 atoms and 12 vacancies with an actual composition of
Vac1/3+xGe2SbTe3 where x = 0.0196. In the model of GST243 we have 10
vacancies, 42 atoms of Ge and 56 atoms of Sb occupying the cationic sublat-
tice while the anionic one is occupied by 36 atoms of Sb and 72 atoms of Te.
Hence, the actual composition of this model is Vac0.4347Ge2−xSb4Te3+y where
x = 0.174 and y = 0.1304.

The equilibrium density of the crystalline phase was obtained by fitting the
total energy for various volumes with the Brich-Murnagham function. The in-
ternal geometry was fully relaxed by keeping a cubic supercell. The resulting
equilibrium density and bulk modulus are given in Table A.1. Then, the equi-
librium configuration was rescaled in order to get a model 8% lower in density
as an initial configuration for simulation at 2000 K (the preparation of the
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liquid phase).

Table A.1: Theoretical lattice parameter and bulk modulus of the Ge-rich
GST alloys studied in the amorphous phase. The average values and the mean
deviation refer to calculations over three independent SQS models. Data taken
from our previous work [109]

alloy a (Å) density (atoms/Å3) bulk modulus (GPa)
GST523 5.893±0.004 0.0391±0.001 53±1
GST423 5.999±0.001 0.0371±0.001 33.3±0.8
GST323 6.141±0.001 0.03454±0.0002 49±1
GST223 6.138±0.001 0.0331±0.001 41±1
GST123 6.134±0.004 0.0313±0.0001 34.8±0.9
GST221 5.9670±0.006 0.0376±0.001 49.5±0.5
GST225 6.140 0.0311 -
GST213 6.094 0.0334 31.7
GST243 6.154 0.0327 36.0

We also have analyzed the rocksalt phase of these alloys at equilibrium and
found that the structure of each alloy is distorted giving rise to longer and
shorter bonds, similar to what occurs in GST225 (see Fig A.1).

Figure A.1: Bond length distribution in crystalline Ge-rich GST alloys resolved
for the three shorter and the three longer bonds and for the different chemical
species. Taken from our previous work [109].

For the sake of comparison with the amorphous phase, we also computed
the vibrational properties (see Fig. A.2 and Fig. A.3) and Raman spectra (see
Fig. A.4) of GST523, GST423, GST323 and GST221 (see Sec. 3 for details
on the methods).
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Figure A.2: Phonon DOS and inverse participation ratio (IPR) of crystalline
Ge-rich GST alloys. Taken from our previous work [109].
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Figure A.3: The projection of phonon DOS on different types of atoms and
for Ge in tetrahedral geometry in the crystalline phase of Ge-rich GST alloys.
The DOS is obtained from Γ-point phonon energies broadened by a Gaussian
function with a variance of 1.5 cm−1. Taken from our previous work [109].
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Figure A.4: Raman spectra of the crystalline phase of Ge-rich GST alloys in
nonresonant conditions calculated from DFT phonons and the bond polariz-
ability model in backscattering geometry for non-polarized light. Lorentzian
smearing of 4 cm−1 was employed to broaden the peaks. Taken from our pre-
vious work [109].

The energy of these models, together with those of the amorphous models
are reported in Tab. A.2. These energies were used to compute the reaction
free energy of the decomposition of GST523 in an exploratory study as dis-
cussed in the introduction of chapter 3.2 for the crystalline phase and in Sec.
3.2.6 for the amorphous one. The energy of the crystalline phase was used to
compute the reaction free energy for the decomposition of GSt523 along the
different paths (1)-(12) discussed in 3.2 and given below:

GST523 −→ 3
4

GST124 + 1
2

Sb + 17
4

Ge (1)
GST523 −→ 3

5
GST225 + 4

5
Sb + 19

5
Ge (2)

GST523 −→ 3
6

GST326 + Sb + 7
2

Ge (3)
GST523 −→ 3 GeTe + 2 Sb + 3 Ge (4)
GST523 −→ Sb2Te3 + 5 Ge (5)
GST523 −→ GST123 + 4 Ge (6)
GST523 −→ GST223 + 3 Ge (7)
GST523 −→ GST323 + 2 Ge (8)
GST523 −→ GST423 + Ge (9)
GST523 −→ GST221 + 2 GeTe + Ge (10)
GST523 −→ GST213 + 3 Ge + Sb (11)
GST523 −→ 1

2
GST243 + 3

2
GeTe + 5

2
Ge (12)

Since our 216-atom cell has a small deviation from stoichiometry reactions
(1)-(12) in Sec. 3.2 actually are:
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Ge108Sb44Te64 −→ 16GeSb2Te4 + 12Sb + 92Ge (1′)

Ge108Sb44Te64 −→ 64
5
Ge2Sb2Te5 + 92

5
Sb + 412

5
Ge (2′)

Ge108Sb44Te64 −→ 64
6
Ge3Sb2Te6 + 136

6
Sb + 456

6
Ge (3′)

Ge108Sb44Te64 −→ 64GeTe + 44Ge + 44Sb (4′)

Ge108Sb44Te64 −→ 21Sb2Te3 + 107Ge + 2Sb + GeTe (5′)

Ge108Sb44Te64 −→ Ge22Sb44Te64 + 86Ge (6′)

Ge108Sb44Te64 −→ Ge40Sb40Te58 + 2Sb2Te3 + 68Ge (7′)

Ge108Sb44Te64 −→ Ge63Sb42Te63 + GeTe + 44Ge + 2Sb (8′)

Ge108Sb44Te64 −→ Ge84Sb42Te63 + GeTe + 23Ge + 2Sb (9′)

Ge108Sb44Te64 −→ Ge43Sb43Te22 + 42GeTe + 23Ge + Sb (10′)

Ge108Sb44Te64 −→ Ge43Sb43Te22 + 42GeTe + 23Ge + Sb (11′)

Ge108Sb44Te64 −→ Ge43Sb43Te22 + 42GeTe + 23Ge + Sb (12′)

Finally, the reaction free energy for the exploratory study on the decom-
position pathways of GST523 in the crystalline phase are reported in Tab.
A.3.
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Table A.2: Total DFT energy of the different GST alloys in the crystalline
and amorphous phases. The ideal entropy of mixing for the crystalline phase
is also given. The error bar is obtained by averaging over three different SQS
models. Data taken from our previous work [109].

Compound Energy (eV/atom) S (meV/K/atom) S (meV/K/f.u.)
Ge -107.1350 - -
Sb -150.8936 - -

GeTe -164.8953 - -
GeTe (amorphous) -164.7736 - -

Sb2Te3 -193.9511 - -
Ge1Sb2Te2.909 -178.749±0.004 0.05837 0.3891
Ge2Sb2Te2.9 -168.325±0.002 0.05992 0.4394
Ge3Sb2Te3 -161.366±0.001 0.04845 0.3876

Ge3Sb2Te3 (amorphous) -161.2696 - -
Ge4Sb2Te3 -155.3120±0.001 0.04244 0.3820

Ge4Sb2Te3 (amorphous) -155.2332 - -
Ge4.9095Sb2Te2.909 -150.204±0.003 0.02899 0.2899

Ge4.9095Sb2Te2.909 (amorphous M1) -150.13984 - -
Ge4.9095Sb2Te2.909 (amorphous M2) -150.1334 - -

Ge2Sb2Te1 -148.015±0.001 0.05056 0.2528
Ge2Sb2Te1 (amorphous) -147.9471 - -

GeSb2Te3 -172.1560
Ge1.83Sb4Te3.13 -166.9966

Table A.3: Reaction energy, configurational and vibrational contributions to
the reaction free energy and total reaction free energy for reactions (1)-(12)
in the crystalline phase. A negative energy indicates an exothermic reaction.
The reactions here are labeled by their main product. Data taken from our
previous work [109]

Reaction/main product Reaction energy Configurational reaction Vibrational reaction Total reaction
0 K free energy at 300 K free energy at 300 K free energy at 300 K

(meV/atom) (meV/atom) (meV/atom) (meV/atom)
(1) GST124 trig. -76 8.7 - -67
(2) GST225 trig. -75 8.7 - -66
(3) GST326 trig. -74 8.7 - -66
(4) GeTe trig. -73 8.7 - -65

(5) Sb2Te3 trig. -73 8.7 - -64
(6) GST123 -32 -1.8 - -34
(7) GST223 -44 -3.8 - -47
(8) GST323 -51 -2.9 2.5 -51
(9) GST423 -26 -2.8 1.1 -28
(10) GST221 -35 1.1 - -32
(11) GST213 -55 1.1.8 - -54
(12) GST243 -50 1 - -50
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Structural properties of

amorphous GST212

As for the other Ge-rich GST alloys, a 216-atom SQS of the cubic metastable
phase was chosen as the initial configuration for GST212. In this SQS the
cationic (anionic) sublattice is occupied by 86 atoms of Ge (Te) and 22 atoms
of Sb resulting in an actual composition of Ge2Sb1.02Te2. The equilibrium den-
sity of the crystalline phase is 0.0345 atom/Å3 which corresponds to a lattice
parameter of 6.131 Å. To generate an amorphous model we first equilibrated
a liquid model at a density of 0.0318 atoms/Å3, which is 8% lower than the
theoretical equilibrium density of the cubic phase. The amorphous model was
generated by quenching from the melt at 1000 K to 300 K in NPT simulation
in 100 ps. The equilibrium density at 300 K of 0.0313 atoms/Å3 was obtained
from a NPT simulation 6 ps long. The structural properties were computed
over a 12 ps NVT simulation. Total and partial pair correlation functions are
reported in Fig. B.1 while the bond angle distribution function is shown in Fig.
B.2. The distribution of the coordination numbers, shown in Fig B.3, was ob-
tained by integrating the pair correlation function up to the cutoff thresholds
used for other alloys in Sec. 3 (as shown in Fig. B.1). Average coordination
numbers for the different pairs of atoms are reported in Tab. B.1 while the
fraction of the different types of bonds in the amorphous model is reported in
Tab. B.2. Finally, the distribution of the local order parameter q for different
atoms and different local environments is shown in Fig B.4. Regarding to the
medium-range structure, we report the distribution of ring length in Fig. B.5.
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Figure B.1: Total and partial pair correlation functions in amorphous GST212.
Vertical dashed lines indicate the bonding cutoff used to define the coordination
numbers. Taken from our work [141].
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Figure B.2: Bond angle distribution function in amorphous GST212. Taken
from our work [141].
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Figure B.3: Coordination numbers distribution in amorphous GST212 ob-
tained by using the same bonding cutoff used for Ge-rich GST alloys as shown
by the partial pair correlation functions in Fig B.1. Taken from our work [141].

Table B.1: Average coordination numbers for different pairs of atoms in amor-
phous GST212. Data taken from our work [141].

- Total With Ge With Sb With Te
Ge 3.90 1.06 0.66 2.18
Sb 3.78 1.29 1.03 1.46
Te 2.98 2.18 0.75 0.05

Table B.2: Percentage fraction (%) of the different types of bonds in amorphous
GST212. Data taken from our work [141].

- Ge Sb Te
Ge 12.0 - -
Sb 15.0 6 -
Te 49.5 16.9 0.6
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Additional material on amorphous

Ge2Sb2Te5

In this appendix, we compare the structural properties of amorphous GST225
obtained from DFT MD simulations with two distinct GTH pseudopotentials
for Ge. The first one, which was employed so far for all the simulations, treats
explicitly only 4 valence electrons for Ge while the second one includes also
the d-electrons of the core in the electronic problem.

To this end, we generated an amorphous model with the softcore pseu-
dopotential by quenching from the melt following the same protocol used so
far to generate amorphous models. As the new pseudopotential also treats
core electrons, which are closer to the nucleus, we needed to increase the plane
waves cutoff to 700 Ry to converge the forces acting on atoms.

Total and partial pair correlation functions obtained with the two pseu-
dopotential are compared in Fig. C.1. A comparison of the bond angle distri-
bution function is shown in Fig. C.2 while the distribution of the coordination
numbers, obtained by integrating the pair correlation function up to the cutoff
thresholds defined in Fig. C.1, is shown in Fig C.3. Finally, the distribution
of the local order parameter q for different atoms and different local environ-
ments is shown in Fig C.4. By integrating the distribution of the q-parameter
for four-coordinated Ge between 0.8 and 1 we can estimate the average fraction
of Ge-atoms in tetrahedral geometry (see Sec. 3.1). This fraction is ranges
between 23-33% in amorphous models generated with the four-electrons pseu-
dopotential and to 17% in our model generated with the softcore pseudopoten-
tial. Finally, regarding the medium-range order, we compare the distribution
of ring length in Fig. C.5.
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Appendix D

Order parameter Q4

In order to study the crystallization process and to estimate the evolution of
supercritical nuclei, we need to be able to distinguish between crystalline-like
atoms and liquid-like atoms. To this end, we employed the Steinhardt order
parameter Q4 [188] which allows measuring the ordering degree of the first
coordination shell for an atom which for the i-th atom is given by:

Q4,i =

√

√

√

√

2π

9

4
∑

m=−4

q4m,iq∗4m,i (D.1)

where

q4m,i =

Ni
∑

j=1

Y4m (rij) (D.2)

where j runs over the neighbors up to a given cutoff (3.6 Å in our case), Y m
4 is

the fourth order spherical harmonic with degree m, rij is the vector connecting
the two atoms and Ni is the number of neighbors of the i-th atom..

In general the distribution of q4 in the cubic and the amorphous phase dis-
plays a large overlap which makes it not very suitable for quantitative analysis.
Hence, we have employed the Qdot

4 which is defined as:

Qdot
4,i (i) =

1

Ni

√

√

√

√

Ni
∑

j=1

4
∑

m=−4

q4m,iq∗4m,j (D.3)

where this new definition enhances the capability of this order parameter as it
takes into account also the crystallinity of the local environment of the central
atom.

In Fig. D.1 we report the distribution of Qdot
4 for the crystalline and su-

percooled liquid phase at 600K. There is a small overlap between these two
distributions. We chose a threshold of Qdot

4 =0.87 to consider an atom a crys-
talline one.
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Figure D.1: Distribution of the Qdot
4 parameter for of the liquid and the cubic

phase of GST225 at 600 K.
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Appendix E

Additional material on the

crystallization of Ge2Sb2Te5

As we discussed in section 4.3, MD data on the crystal growth velocity can be
reproduced by the phenomenological WF function only by fitting directly the
kinetic prefactor on MD data. The use of the diffusion coefficient computed in-
dependently from MD simulations lead to a large overestimation of vg at high
temperature. This result might, however, suggest that the thermodynamics
factor in WF formula could be not sufficiently accurate. We investigated the
dependence of the thermodynamic factor on the choice of the parameters en-
tering the expression of ∆µ. We show that by keeping the kinetic prefactor
fixed to 4D/λ with λ= 3 Å and by changing Tm and ∆Hm parameters within
a reasonable range, we can not improve the fit. This is shown in Fig. E.1
repeating the WF fitting by varying Tm in the range 860-940 K and ∆Hm in
the range 120-240 meV/atom. From these comparisons, we can conclude that
the inadequacy of the WF formula in reproducing the data can not be due to
the uncertainties in our calculation of ∆µ.
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Figure E.1: Crystal growth velocity fitted with WF formula and the Thomas-
Spaepen expression for ∆µ with Tm and ∆Hm in the range 860-940 K and
160-240 meV. In each panel curves with different ∆Hm at fixed Tm are shown.

We also checked that the Thomson-Spaepen formula is fairly accurate in
our case by computing ∆µ from the integration of the specific heat as:

∆µ(T ) = ∆Hm(1−
T

Tm
)−

∫ Tm

T

∆CpdT + T

∫ Tm

T

∆Cp

T
dT (E.1)

where ∆Cp is the difference in Cp between the amorphous and the crystalline
phases. We approximated ∆Cp with ∆Cv which was in turn computed from the
caloric curve at fixed density. The resulting ∆µ is compared to that obtained
from Thomson-Spaepan approximation in Fig. E.2. The mild difference has a
very marginal effect on the thermodynamic factor in the WF formula in the
temperature range 600-900K.
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